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Summary. The paper deals with the author's reminiscences on this work at the Faculty of
mechanics and mathematics of Lomonosov Moscow State University. The main part of text is
related to the work of scientific seminar under the direction of the author and to participants
of seminar. Short characterizations of candidat disertations (Ph.D) written by participants are
reprisented.

1 BHOI'PA®PHUYECKAS CITPABKA

Banepuan MBanoBuu ["aBpuiioB poawics B 1935 rogy B MockBe B cembe cinykamux. Ero
oreyy - I'aBpwioB MBan JIOpMMHIOHTOBMY IIOCIE€ OKOHYAHMS W3BECTHOM B TO BpEMs
[IpomakaneMun HaXOAWICS Ha TAPTUMHON pabOTe B aBUAIIMOHHOMN MPOMBIIUICHHOCTH; MaTh -
UYexosa JIuaust MuxaiinoBHa paboTaia B IIKOJIE YYUTEIbHUIICH MIIaIIINX KJIACCOB.

B 1952 rony oxoHuns B MOCKBE CpPEIHIONO MIKOJIY C 30JI0TOM MEAANbIO U MO pe3ysibTaTaM
coOeceoBaHUsl TOCTYNHJI Ha MEXaHMKO-MaTeMaTH4YecKuil ¢akynbTeT MOCKOBCKOTO
rocy1apCTBEHHOro YyHHUBepcutreta uMeHM M.B. JloMoHOCOBa, ¢ KOTOpHIM OKa3ajiach
CBSI3aHHOMW BCS €ro JanbHeimas xu3Hb. B 1957 rony okoHumn akynbreT u ObLT MPUHAT B
ero acnupantypy k Ausekcero MBanoBuuy MapkyiieBuyy, B Hay4HYIO WIKOJIY KOTOPOTO
BOLIEN Ha TpeTheM Kypce (akynbreta. B 1960 romy okoHUYMI acniupaHTypy u ObUI 3a4HCIICH
Ha Kadeapy MaTeMaTHYeCKOro aHajdu3a B JOHKHOCTH accHcTeHTa. B 1962 romy 3amuTumn
KaHAuaaTrckyro amcceprauudio B Marematuueckom uHctutyre AH CCCP umenn B.A.
CrexnoBa (odurmanpHbie onmoHeHTHI - WwieH-koppecnonnenT AH CCCP Cepreit HukntoBug
MeprensH, npodeccopsr Anekceit ®énoposuu Jleontres, [1aBen IletpoBuu benunckuit). B
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1963 rony B.M.I'aBpuioB nepeBeAH Ha JODKHOCTH AOICHTa Kadeapbl MareMaTHYeCKOTro
aHanu3a, B 1965 romy momy4duit arrectaT JOLIEHTA.

B 1968 - 1970 romet B.M. TaBpuinoB pabortaer B bomOGeiickom TexHomornueckom
HNucturyte (L.I.T., Bombay, India) B gomxuoctu Visiting Professor, pykoBonuT HaydHOM
paboToil ABYX MpemnojaBaTeNied HWHCTUTYTA, KOTOPBIE BHOCHEACTBUM 3amuTwin Ph.D.
JICCEePTalUH 10 MPEATIOKEHHBIM UM Hay4YHBIM TeMaM. B TOT ke mepuoa um onyOiarMKOBaHbI
no npenctasieHuto npodeccopa P.C. Jain nBe 3ametku B kypHaie Notices of American
Mathematical Society u nBe craTbu B BEAYIIMX MaTeMAaTHYECKUX XKypHanax SmnoHun, Ha
OCHOBAaHMU KOTOPBIX OBUT NpHHAT wieHoM American Mathematical Society; 3aBepumin
yeHcTBO B 1999 rony.

C 1971 roga mo 1979 rox B.WM. I'aBpunoB 3aHMMall JOJKHOCTb 3aMECTUTENSl JEKaHa
MEXaHUKO-MaTeMaTHIECKOro (haKyJbTeTa Mo y4eOHOH paboTe M ¢ TOr0 BPEMEHHU BXOIUT B
coctaB YuéHoro CoBera (akynbreta. B pasHeie roasl oH Bxomwn B YuéHble CoBeThl
(bakyIpTEeTOB TeAarorudeckoro obpaszoBanus (3amecturtens npexacenarens), CYHI[ MI'Y -
mkona wumenn A.H. KonmoropoBa (3amectutens mpencenatens, uieH), ¢akyibTera
dyHIaMeHTaIbHON  (U3MKO-XMMHYECKOM  MH)XXEHEpUH, a  TakkKe B COCTaBbl
Creuuann3upoBaHHBIX COBETOB IO 3alllUTe JOKTOPCKHX JAHCCEepTallii Ha Mexmare,
(axynpTeTe TIeNarorndeckoro oopasoBaHus (yU€HBIH CEKpeTaph), MO 3alUTe KaHIHIATCKUX
muccepraumii B MOIIM ummenn H.K. Kpynckoit; wien pegakuuun YepHoropckoro
MaTeMaTHdeckoro xypHaiga Mathematica Montisnigri ¢ MoMeHTa ero ocHoBaHusi B 1993
TOTy.

B 1979 romy 3ammTui AOKTOPCKYIO IUCcepTanuio B TOMIMCCKOM TOCYAapCTBEHHOM
yHHUBepcuTeTe (ouiuanbHble ONMOHEHTHI - wieH-koppecnonaeHT AH CCCP, akanemuxk AH
I'py3unckoit CCP, A.B. bunanze, unen-xoppecnonaeHtT AH I'pysunckoit CCP b.B.
Xeenenmumze, mnpodeccop E.J[. ConomeHueB; OT3bIB BeIylleld OpraHu3alydd IOAMHCAH
wieHoM-koppecnionaeHToM AH CCCP A.®. JleontseBbiM). [uccepranus yrBepxkaeHa BAK
CCCP B 1981 rony.

3a 55 mer paboter B MI'Y B.M. I'aBpHJIOBBEIM TpOYMTAHBI 00S3aTENbHBIE KYpCHI IO
MaTEeMaTHYECKOMY aHaju3y M CIHEeIUalbHbIe KYpChl MO MHOTHM pa3JeiiaM COBPEMEHHOTO
KOMIUIEKCHOTO  aHajh3a Ha MEXaHHMKO-MaTeMaTHYecKoM (hakylbTeTe, Ha MHOTHX
€CTECTBEHHBIX (DaKyIbTeTaX, a TaKXKe B JPYTUX BBICHIMX yUEOHBIX 3aBEJCHHSIX CTPAaHBI U 32
pyOexxoM, MaTepualibl KOTOPBIX BOILIM B YYEOHHKH, y4eOHBIE mocoOust, MoHOTpaduu - V.I.
Gavrilov, Z". Pavi'cevi'c. “Mathemati’cka Analiza 1.” Podgori'ca Uniraex, 535 str.; B.W.
lNaBpunos. Matemarnueckuii ananus. Kypc nexnuii, M. mkona umenu A.H. Konmoroposa
CYHI MTI'Y umenu M.B. JlomoHocoBa, U3a-Bo “Camoo6paszoBanue”; Hacts 1, - 1999, 76 c;
Yacts 2, - 2000, 80 c.; B.W. I'aepunos, B.H. AdanaceeBa. Hauana MmaTemMaTnaeckoro aHaimsa
U dIieMeHTapHble QyHKIMH. Y4yebHoe nocodue, Axyrck, U3n-so AI'Y: YHacts 1, - 2000, 108 c;
Yacts 2, - 2001, 80 c; B.W. T'aBpunos, KO.H. Makapos, B. I'. Yupckuii. MaTemaTtuyeckuii
ananmu3 (YuuBepcurerckuii yueOHuK. Cep. “Bricimas maremaTuka u €€ NPUIOKEHHS K
xumun”), M., Uznmatensckuii nentp “Axagemus”’, 2013, 330 c.; B.M. T'aBpunor, A.B.
Cy66otun, /I.A. EpumoB. I'panuuHble cBOicTBa aHAMUTHUYECKUX (QYHKIMHA (HaidbHEHIIMH
BKian). M., U3a-Bo MockoBckoro Yuuepcurera, 2013, 264 c.

Jlekuronnass nesrensHocTh B.M. T'aBpunmoBa Hawanmace B 1965 rony ureHuem
00s3aTeNbHBIX KypCOB IO BBICIIEH MaTeMaTHKE Ha BEUYEPHUX OTAEICHHUSIX XUMHUYECKOIO U
reorpaduueckoro ¢paxyibTeTOB.

B 70-e roznpl uM ObLI IPOYUTAH PSAJ CHELUATBHBIX KYpPCOB HA MEXAaHUKO-MaTEMaTHUECKOM

119



V.I. Gavrilov

daxynbrere. Jlerom 1980 roga xadeapa MaTeMaTHYeCKOro aHaIM3a MOpYyYMsIa €My YTCHHE
00513aTeJIBHOTO Kypca MaTeMAaTU4YEeCKOI0 aHajlu3a - OJHOI0 M3 CaMbIX OTBETCTBEHHBIX
y4eOHBIX KYpPCOB Ha OOOMX OT/AEJCHUSAX MexMmaTa MpOJOJIKUTENIBHOCTBIO B 4 cemecTpa C
YEeTBIPbMS HEJCIBHBIMM JICKIMOHHBIMH YacaMM W TaKMM € KOJIMYECTBOM 4YacoB s
CEMUHApCKUX 3aHATMH. UTeHume H3TOro Kypca 3HAUMTEIBHO  YCIOXKHUIOCH  TEM
00CTOSATETLCTBOM, YTO B TOM Tomy B MockBe mpoBoawinuck Ommmnuiickue Wrpel, u
BCTYIIUTENbHBIE 3K3aMEHBI Ha (PaKyJIbTET MPOBOJIWINCH B KOHIIE aBryCTa, KOTJIa OHHM YK€
3aBEpIUWINCH B By3ax CTpaHbl. [IpHILIOCh 9K3aMeHOBATh a0UTYPHEHTOB, HE MPOIIEAIINX 10
KOHKypCy B Jpyrux By3ax. bblUla, KOHEYHO, TpaJullMOHHAs [ MexXMmaTra Trpymmna
IIKOJBHUKOB, KOTOPBIE CBSI3BIBAIOT CBOIO CYABOY TOJBKO ¢ (haKyIbTeToM. B 00miem xe mpuém
Ha (paKkyIbTET OKa3aJCs 3aMETHO HIDKE TI0 YPOBHIO MIKOJIBHOM MOATOTOBKH, YeM OOBIUHO.

B cnoxuBimmxcst 00CTOsATENbCTBAX BO3HUKIIA 33]1a4a, B KAKOM MaHepe YUTaTh KypcC, 4YTOObI
ero marepuana ObUl MOHATEH CIyIIATeNsM U OJHOBPEMEHHO HaWMEHee OTKJIOHUICA Obl OT
TPaZULMOHHOIO MEXMAaTOBCKOI'O YpOBHA. BB MCHOIB30BaH Takoil Menaroru4eckuil mpuém:
MOCKOJIBKY KypC MPEACTOSAIIO MPEenoiaBaTh Ha OTJENEHUN MEXaHUKH (aKyJIbTeTa, B yUeOHbIX
Kypcax KOTOPOro OOJIBIIMHCTBOM yUYE€OHBIX IPUMEPOB CIIyXaT OOBEKTHI TJIaJAKOW CTPYKTYPHI,
B.M1 T'aBpunoB npemioXuil NPOYNUTaTh BAPUAHT IVIAJKOIO MAaTEMaTHYECKOrOo aHalu3a, B
KOTOPOM OCHOBHBIE TIOHSITUSl H3JIaraJIiCh HA OCHOBE TOJBKO OTKPBITHIX MHOKECTB.
[TapannenpHO B Ka4ecTBE CIELIKYpca YUTAJICS TPAJAULMOHHBI MEXMAaTOBCKMI BapHaHT Kypca
(mpaBma, €ro TMOCEIaeMOCTh Oblla OuYeHb HU3KoM). [IpumMeHeHHBI NpuéM MO3BOIWII
COXpaHUTh JUIsl JanbHeimero oOydeHUss Ha (QakyiabTeTe MNOoJaBIsfoNee OOJBIIMHCTBO
CTYJIEHTOB Kypca.

Bo Bropoit mnonoBune 2000-x romoB B.M. TaBpuioB mnepemien mOpenogaBaTh
MaTeMaTUYECKUH aHaJ W3 Ha OTKPBIBIIMICA HOBBIN (PaKkyibTeT QyHIAMEHTAIBHOU (U3HKO-
XUMHUYECKON MHXkeHepuu. [Ipuiuiock CHOBa M3MEHUTh METOAMKY NPENOJAaBaHUs NPEAMETa,
KOTOPYIO B OKOHYATEIbHOM BHJIE EMY, K COKaJICHHIO, 3aBEPIIUTH HE yAAJIOCh.

VYueOnast nearenbHocTh B.U. I'aBpunoBa oTmeuena menanbio YHuBepcutTera Camerino
(Uramus, 1985), JlomoHOCOBCKOM mpemueil 3a neaarorudeckyro aestensHocts (MIY, 1998),
NPUCY’KICHUEM TMOYETHOIO 3BaHUS 3acily>KeHHbIH mnpodeccop MOCKOBCKOIO YHUBEPCUTETA
(2002).

2 Ob YHUBEPCUTETE U YYHEHUKAX

C cepemunsl 40-x g0 Hayanma 80-x To0JOB NPOLIEAINIETO BEKa HA MEXaHUKO-
MaTeMaTHuecKoM (pakyspTeTe MOCKOBCKOIO rOCYJapCTBEHHOTO yHHBeEpcuTeTa umeHu M.B.
JloMmoHOCOB paboTan Hay4YHO-HCCIEAOBATEIbCKUN CEMUHAp MO KOMIUIEKCHOMY aHaIH3Yy,
pykoBogumsblii Anekceem MBanoBmuem Mapkymesudyem (1908-1979 rr). Kak pacckasbiBan
cam A.M., cemmunap ObUl 3agymMaH Kak MpOJOJDKEHHE paboTaBimiero B MOCKOBCKOM
YuuBepcurere ¢ Hayasma XX BeKa 3HAMEHUTOTO CEMHUHApa 10 TeOpuH (HYyHKIUH, CO3JaHHOTO
U PYKOBOJMMOIO KJIAaCCUKaMHM OTE€YECTBEHHOM MareMatuku Jlmutpuem @PenopoBudyem
EroposeiM, Hukomaem Hukonaesnuem Jly3unsiM, lBanom MBanoBHueMm IIpuBanoBbIM, HO
IpeKpaTUBIIEro cBolo paboty B 1941 rogy B cBA3u ¢ HavajgoM Benmkoit OteuecTBeHHON
BoitHbI 1 KOHYMHOW B TOM K€ IOy MOCJIEAHETO ero pykoBoautens - M.W. IIpuBanosa.

Tematuka cemunapa U.U. TlpuBanoBa Obla MOMCTHMHE MHOTOTPAHHOMW; OHA OXBaThIBala
MHOTOYMCJIEHHbIE pa3fenbl TEeOpuHu (QYHKIUM JEHCTBUTEIBHOTO U KOMIUIEKCHOTO
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NepEeMEHHBIX, TCOPHUU TAPMOHMYECKUX U CyOrapMOHNYECKHUX (DYHKIIHMIA, TpaHUYHBIE CBOICTBA
U KpaeBble 3aJaud, NpoOJIEeMbl TEOPUM MOJUAHAIMTUYECKMX (QYHKUUH, TEopUH
KBa3MKOH(OPMHBIX OTOOPaXEHUH, NPUIOKEHUS METOJOB (PYHKLIMOHAIBHOTO aHajau3a K
3afauaM Teopun GpyHkuuil. HayuHsle pe3ynbTaThl y4aCTHUKOB CEMHHApa U €ro pyKOBOAUTENS
OITyOJIMKOBAaHBl B HECKOJBKHX HIMPOKO M3BECTHBIX MOHOTpausX, MOCIEIHSAS U3 KOTOPBIX
BbilvIa moa HazBanueM W.M. IlpuBanoB “I'paHuuHbIE CBOWCTBA  OJHO3HAYHBIX
aHanmuTHYeckuX (yHkuui” B M3garensctBe MockoBckoro YHuBepcurera B 1941 roay - B rox
KOHYMHBI €€ aBTOpA.

51 He 3Hat0, ObLT T OopraHu3oBaHHBIA A.M. MapkyieBuueM ceMUHap U3HAYaIbHO TAKKE
00LIEMOCKOBCKHUM, KaKOBbIM siBisicss ceMuHap V.M. [IpuBanosa. Ho ye B nepBbie rosipl €ro
paboTel yueHukamu Mapkymesuya - Hukomaem AnekceeBnueM J[laBbioBbiM, ['eHpuxom
HenecrunoBuuem  Tymapkunbiv, ['enpuxom  AponoBuuem ®puamanom, CemeHOM
SxoBneBuueM XaBMHCOHOM - OBUIM IOJIy4€Hbl HACTOJBKO 3HAYUTEIbHBIC PE3YJbTAThI, YTO
BO3HUKJIA TIOTPEOHOCTH B Mepeu3aaHuu mnocieaaeii monorpaguu M.W. [lpuBaosa, craBmei
y’Ke B TO BpeMsi OuOnuorpaguueckoil penkocTbio. ['poMagHble SJKOHOMHUUYECKUE TPYIHOCTH,
NEepEeKMBAEMBIE HAIIEW CTPAHOM B MEPBBIC ITOCIEBOCHHBIE I'OJIbI, €CTECTBEHHO HE MTO3BOJISIN
BO3MOXHOCTH PacUIMpeHHs 00beMa HOBOTO M3JaHMs, U, KaK COOOIIAeT BO BBEACHUHU K HEMY
ero penakrop - A.M. MapkymeBud - “rniepesl NUIIYIIUM 3TH CTPOKH... BCTaJ BOIPOC O TOM
NIEPEN3/1aBaTh JIM KHUTY B TOM BHUZE, B KOTOPOM OHA BBILLIA B CBET €LIE NPU KU3HU aBTOPA,
WIM TOJABEPrHYTh €€ Oojee WM MEHee 3HauuTelnbHOM mnepepaborke. Co3HaBas BCHO
OTBETCTBEHHOCTb, KOTOPAsl BO3JIAracTCsl HA MEHs IPUHATHIM PEUICHHEM, s BCTAJl HA BTOPOH
nyTh... 13 nepBoHauanbHOro TeKCTa B HACTOSAIIEM H3/1aHUU coxpaHeHo He Oosee 50%... D10
JlaJI0 TaKXKe BO3MOXKHOCTh BKJIIOUHMTH B KHUTY NMpUHa/uIexkamue uM (yueHukam AWM. - B.I'.)
OpUTHHAIIbHBIE pe3ynbTaThl.” Bropoe m3nanne monorpadun U.U. [IpuBanosa moa Ha3BaHHEM
“I'paHn4HbIE CBONCTBA aHATUTHUECKUX (QYHKIMI® B0 B 1950 romy u ObUIO 3aTeM
IIEPEBEICHO HAa HECKOJBKO MHOCTPAHHBIX SI3bIKOB. S emé BEpHYCh K 3TUM MY>KECTBEHHBIM
CJIOBaM MOETO YUYHUTEJIs.

Onnako BO BTOpoil mojoBuHE 50-X TOMOB, KOorjga s - cTyaeHT Mexmata MI'Y cran
nocemarh 3acefaHus pykosoaumoro A.M. MapkymeBuyemM ceMuHapa, MPOXOAMBIIUE I10
noHenenbHUKkaMm ¢ 18 no 20 yacoB B aynutopuu 14-13 nHoBoro I'maBHoro 3manus MI'Y, s
MOTY 3aCBHJIETENICTBOBATh, YTO CEMHUHApP CTaJ OOIIEMOCKOBCKUM U JJaXKe, MOYKHO CKa3aTb,
OOLIECOI03HBIM, IMOCKOJIbKY Ha HEM YacTO BBICTYNAIM Y4Y€HbIE MHOTMX MaTEeMaTHYECKHUX
LEHTPOB CTpPaHbl M Ha €ro OCHOBE IPOBOJMIMCh MHOTIOYHMCIIEHHBIE BCECOIO3HBIE
KOH(pepeHIMH M cuMno3uymbl. [IpuBOXy IO MaMATH HMMEHa IOCTOSIHHBIX YYaCTHUKOB
ceMHMHapa (C M3BUHEHUSMHU O HEMOJHOTE CIUCKAa, KOTOPBIM 5 HE pacloJiaraio, U Jaxe He
yBepeH, BEIcs nu OH peryisipHo): bopuc Bnamumupouu IllabGar, MBan EBrenneBuu
basunesuu, Esrennii [Imutpuesnuy Conomennes, Anexkceir @enoposuu JleonTheB, bopuc
AbpamoBny ®@ykc, Buxrtop Hocudoswu Jleun, Mapar Anapeesuu Esrpados, I'.LI.
Tymapkun, C.fI. XaBuHcoH. CpaBHUTENBHO 4acTO ceMuHap nocemanu Bacunuit CepreeBny
Brnagumupos, Cepreit HukuroBuu MeprensH, Axapeit AnexcanapoBud [ onuap.
[TocTOosIHHBIMU yYacTHUKAaMU OBbLITH aCHUPAHTBHl MHOTHUX BY30B MOCKBBI.

Temepp MHE TPHUATHO CKa3aTh HECKOJIBKO CJIOB 00 HEOOBIKHOBEHHO 3a00TJIMBOM,
IpyKECTBEHHON aTMocdepe, LapuBiield B HayuHoi 1mkone A.M. Mapkymesuya. B
CTYZCHYECKHE TOJbI BHIOOP HANpPABICHUH MOWX HAayYHBIX MHTEPECOB, TEM KYPCOBBIX padoT
npeuiarain 1 oocyxnaan Anekceil FIBaHOBHUY, a BBINOJHEHHE KYPCOBBIX M MOEH AMIIIIOMHON
pabotsl KypupoBan ero yueHuk ['.A. ®puaman. [lanee, Toabko Ha (PaKyJIbTETCKONM KOMUCCUH
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[0 pacIpeseeHHIO S y3Hal, YTO MO NMUCbMEHHOMY IpejacTaBieHuIo Asekces: VBaHoBuua s
PEKOMEH/IOBaH B aclUpPaHTYypy (akyibTera. B acnupanTckue roasl Ha BEIOOp MOeil HayqHOH
TeMaTuku pagukanbHo moBmusan [.II. Tymapkun, oOpaTuBmMA MO€ BHUMaHHME Ha
cBekeonyOMMKoBaHHYI0 cTaThio ¢uHCkX matemaTukoB O. Jlexto m K.M. Bupranena (O.
Lehto, K.I. Virtanen), B KOTOpoil OBbUI pacCMOTPEH HOBBIM UIsI HUCCIIENOBAHUI OOBEKT -
HOpMaJibHBIe MepoMopdHble GyHKIHH. K MOMEHTY OKOHYaHUs acnupaHTyphl (oceHb 1960
roja) MOJIYYEHHBIE MHOIO pe3yJibTaTbl IO HOBOM TEMAaTUMKE COCTABWIN COJEp)KaHUE
HECKOJIBKMX CTaTeH, NMPEACTABICHHBIX IO pekoMeHaauuu Asekces VBaHoBuYa B KypHale
“HNoxnansl Akagemun Hayk CCCP” Pexropom MI'Y UBanom I'eopruesuuem Ilerpockum. C
nekabpst 1960 rona, onsiTh ke 1Mo pekoMeHanuu Asekcesi IBaHOBUYA M TIO TIPUTJIAIIICHUIO
Hukonas BnamumupoBuua EdumoBa, s 3aHsS1  NO3UIMIO  acCUCTeHTa  Kadeapsl
MaTEeMaTUYeCKOr0 aHajln3a MeXaHHMKOo-MaremaTudeckoro (akynprera MIY, Ha KOTOpOit
pabotato no Hacrosuee Bpems. Mou ctarbu Beinuiu B “JIJAH CCCP” B 1961 roay u Tenepb
OHU OOIIETPUHSATH MUOHEPCKHUMH B TEOPHHM HOPMAaJbHBIX (QYyHKUWH (Hapsgy ¢ paboTamu
amepukaHckux mMareMmatukoB @. baremuna u B. 3eitnens (F. Bagemihl, W. Seidel)); nepas
xKe Mosi myOnukanus coctosnack B 1960 romy B kypHane “Jlokmaabl Akanemuun Hayk
benopycckoit CCP” u conepxana pe3yibTaThl MOEH IUINIOMHOW paboThl, B KOTOPOM
CYIIECTBEHHO YTOYHSUICA pa3Mep yHHUBepcaibHOW mocTtostHHOM 3. Kommuureyma u XK.
Bampona (E. Collingwood , G. Valiron, 1926), cBA3aHHOIH €O CKOPOCTbIO CTPEMJICHHS K
CBOMM ACHUMIITOTHYECKUM 3HAYEHUSM IIENIbIX (PYHKIUH.

B Te roasl 3ampemasioch NMPOBOAWTH 3alIUTHl KaHAWJATCKUX AMCCEPTALMA 1O MECTy
MOCTOSTHHOW pabOThl COMCKATENsI U MPU HENMOCPEACTBEHHOM conelicTBun VBana ['eopruesuua
[TeTpoBckoro, 3amuTa MOel KaHAUIATCKOM ArccepTalu coctosiach 22 ¢gespans 1962 ronga
Ha Yuénom Cosere Maremarnueckoro mHcturyta nMeHu B.A. Crexnoa AH CCCP c
opuumansueiMu onnoneHTamu: Cepreem HukutoBnuem MepremnsHom, [1aBiom IlerpoBuuem
bemnuckuMm, Anekceem @PEnopoBudem JleoHTheBBIM. KaHIupnaTckuili IUIUIOM MOATMCAH
NBanom MarBeeBuueM BUHOTpa10BbIM.

I'.Il. TymapkuHy NpUHAUIEKUT WHULNMATHBA NOPYYUTh MHE IEPEBOJ HAa PYCCKHUM S3BIK
Beimenmeid B 1960 rogy monorpagumu K. Noshiro “Cluster sets”, marepuan KoTopoi
CYLIECTBEHHO JOMONHSI coaepxanne MoHorpadum W.M. IlpusamoBa. IlepeBon mon
penakuueii I'.I1. Tymapkuna Boien B cBet B 1963 roay B uznarensctBe WMJI nox HazBaHuem
K. Hocupo “IlpenenbHble MHOXeCTBA”. JTa KHUIA, Hapsjay C TEOpHUEH HOPMalbHBIX
GyHKUMH, onpeaenuia HapaBieHne Moell HayyHoi paboThl Ha BeCh MOCIEIYIOMUI eproa
MO€EH KU3HU.

B 1963 rony s BBen B HayuHbIH 000pOT HOBOE MOHATHE P -MOCIEN0BaTEIbHOCTH JUIS
MepOMOP(HBIX (QYHKIHA, OTIPEICIIEHHBIX B €IUHIYHOM KpPYyTre Ha KOMIUIEKCHOW TUIOCKOCTH, a
B 1965 romy - amamormunoe nomstue MP - mocnemoBaTenbHOCTEH s MEpOMOP(HBIX
GyHKIUI, ONpeIeNIeHHbIX Ha BCEH KOMIUIEKCHOM IJIOCKOCTU. BHauane STH MOHATHS
UCIIOJIb30BAIMCH I M3yYEHUs paclpeieseHus 3HadYeHUH MepoMOp(HBIX QYHKIMH, AT UX
K1accuHKalMy IO CKOPOCTH pocTa chepuyeckoil npousBoAHON (kmaccsl W, p>1,
MEepOMOP(HBIX (YHKIUH Ha IUIOCKOCTH U B €IMHHUYHOM Kpyre), a TaKKe YCTaHOBJICHHUS
YCIIOBUM OKOHYATEJIbHOTO XapakTepa B TIpaHUYHBIX TEOpeMax €IUHCTBEHHOCTH (CM.,
Harnpumep, Mou ctatbu: 1) O pacnpeaeneHUN 3HaY€HU MEPOMOP(HBIX B €AUHUYHOM KpyTe
GYHKIUH, HE SBISTFOIMXCs HopManbHbIMU // Matem. C6., 1965 , 1. 67, Nel, c. 408-422; 2)
MepomopdHble B €AMHUYHOM Kpyre (QYHKUMH C 3aJaHHBIM pPOCTOM C(epHuecKoil
npousBogHou // Marem. C6., 1966 , 1. 71, Ne 3, c. 386-404; 3) O HEKOTOpHIX Kjaccax
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MepoMOopdHBIX (QyHKIMHA, XapakTepusyemblx cdepuueckoil mpousBogHoi // M3Bectus AH
CCCP, cep. mateM., 1968, T. 32, Ne 4, c. 735-742 ; 4) Gavrilov V.I. On a uniquence theorem //
Nagoya Math. J., 1969, v. 35, 151-157). 13 KOHKpPETHBIX Pe3yJIbTATOB OTMEUY OOHAPYKCHHE
U M3y4eHHUE paHee He M3yYaBILEerocs mnojkiaacca MepoMOpGHBIX (QYHKIMHA B KIACCHUECKOM
Kjacce (QyHKUMH, HCKIIOYUTENIBHBIX B cMbiciae JKionma, W TONHYIO XapaKTepUCTHKY
MHO€ECTBAa HOPMAJIbHBIX MEPOMOP(HBIX (YHKIMHA B TepMHUHAX P -nocnenoBarenbHOCTEH.

B 1968-1970 romel s 3anmuMan mno3unmio Visiting Professor B Bbombeiickom
texHosornaeckom uHCTHTYTE (I.I.T., Bombay). Most muccus, kak e€ copMyaupoBai AeKaH
MaTeMaTudeckoro (akynprera uHCTUTyTa npodeccop Ixeun (P.C. Jain), cocTosiia B TOM,
yTOOBI JO0BecTU 110 ypoBHA Ph. D. nuccepranuii AByX MOJOJIBIX COTPYIHUKOB (paKkyabTeTa -
C. Kpumnamyptu (S. Krishnamoorthy) u H. [lluBapamakpumnana (N. Sivaramakrishnan). 5
omnpeAenuil KaxaoMy TeMy [AUCCEpTalld, €XEAHEBHO KYpUpOBal HUX 3aHATHS, YHUTAJ
crenuanbHble Kypebl. K KOHITy Moero npeObIBaHMsI OIMH U3 HUX MMEJ HayuHYIO ITyOIMKalnio
(S. Krishnamoorthy // Math. Zeitsh. 1970, b. 114, no. 2, p. 93-100), npyroii roroBui
MaTepHal K myonaukanuu. B nanpHeimemM oHu COOOIIMIN MHE, YTO YCIEIIHO 3alllUTHIN CBOU
Ph. D. qucceprarum.

ITo Bo3BpameHun Ha QaxyiabTeT Anekceid MIBaHOBMY peKOMEHJI0BaJl MHE HayaTh YTEHUE
CHEIHAJIbHBIX KypCOB M BeEJ€HUE Y4eOHO-Hay4dHOrO CEMMHapa JUIsl CTYAEHTOB CTaplIUX
KypcoB. Takoii cemuHap Hadaa pabotath ¢ oceHu 1971 roga, u K MOEMY YJIUBICHUIO B HEM
CTaJI Y4aCTBOBAThH HE TOJBKO CTYJICHTHI, HO U aCIIMPAHTHI POJCTBEHHBIX Kadenp (akyiprera,
oIHUM U3 KoTophlx Obl1 Kyp6anoB KypOan OcMaHOBHY, 3aHSBIIMNCS M3y4YEHUEM CBOMCTB
BBEJICHHBIX MHOIO KJ1acCOB W, MepoMOpP(hHBIX (QyHKIUH.

HeoxunanHo s cebst s OOHApYXKWJ, YTO 3aHATHA CO CTyJEHTaMHM Ha CEMHHape
OKa3bIBAIOT camMoOe OJIarTOTBOPHOE BIIMSHUE HA MOHM COOCTBEHHBIC HAyYHBIC 3aHSITHS; B
YaCTHOCTH, S OTKPBLI JJIs ce0sl HaMuue TECHOM CBS3U MOHATUS P -mocienoBaTenbHOCTH
npeJebHBIMA MHOXKECTBAMH MepoMOpQHBIX (yHKIMiA. [IepBrIii pe3ynbTaT 3/1€Ch COCTOSIT B
TOM, 4TO MCIIOJIb3Ysl CBOMCTBaA P -nocienoBarenbHOCTEN MHE yaanock B 1974 rony pa3naenuTsb
u3zydyaemoe ¢ 1927 roga rpannuHOe MHOXeECTBO Touek AbGpama Mesekunnosuua [1necuepa Ha
TPU HeNepeceKaroIuxcs MOIMHOXKECTBA: AJIs KaX/10M TOUKH NEpBOro MOJAMHOKECTBA KaXKast
OKaHYMBaIOIIascs B HEW XopJa Kpyra coiepkuT P - mocrnenoBaTenbHOCTH MepoMoOpdHOI
(GyHKIMH; B TOYKAaX BTOPOrO IIOJMHOXKECTBA HM OJHA W3 XOpA He coAepxXur P -
MIOCJIEIOBATEIBHOCTEH W TMPEIEIIbHOE MHOXKECTBO (DYHKIMHM 1O KaXKIOH XOpJe HaKpbIBaeT
chepy Pumana (HacbiueHHass Touka IlmecHepa); a TpeTbe IOIMHOXECTBO Majlo B
METPUYECKOM U TOIOJOTMYECKOM CMbICIaX. OTOT pPE3yJbTaT IO3BOJWI CYLIECTBEHHO
YTOYHUTH JBE KIACCUUYECKHE TEOPEMBbl TEOPHH TPAHUYHBIX CBOMCTB MEpOMOP(HBIX (PyHKIHIT
teopemy A.U. Tliecuepa (1927 r.) u reopemy K. Meiiepa (K. Meier, 1961) (cm. Moo cTaThio
“IToBenenue BIOJNb XOpa MepoMop(dHBIX GYHKIHI B equHHYHOM Kpyre” // Jloxmamer AH
CCCP , 1974, 1. 216 , Ne 1 , 21-23; craThsi mpeicTaBieHa K myoOnukanuu Bacunmem
CepreeBuueM BinagumMupoBbIm).

B nexabpe 1974 roma K.O. Kyp6anoB 3ammrtun Ha mexmare MI'Y kanauparckyro
JMCCEepTaLUIo, B KOTOPOH OH MOJYYMJI P TIyOOKHX KpUTEpUEB MPUHAJIEKHOCTH Kilaccam
W, p > I, n HEKOTOpbIM HX IOAKIAacCaM MepOMOP(HBIX (QYHKUUI HAa KOMIUIEKCHOMN
IUIOCKOCTH M B €IMHUYHOM Kpyre. B nuccepranmio He Bomien OMyOJMKOBaHHBIM Mo3aHEe
(1977 r.) Ham cOBMECTHBIM KpUTepHuil (B TEpMHUHAX MpPEIEIbHBIX MHOXECTB), KOTJa JIyd Ha
KOMIUIEKCHOM IUIOCKOCTH CTaHOBUTCS JydyoM JKronma Ais HMCKIIOYMTENIbHBIX B CMBICIE
Kromma Pynkumit. Ilocne 3ammurer K.O. KypOanoB mpenogaBan B Jlarecranckom
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roCyJlapCTBEHHOM YHHUBepcuTere B Maxadkaie U OmyOJMKOBald HECKOJIBKO cTareil, B
KOTOPBIX pa3BHUBall pe3yjbTaTbl CBOEH nuccepranuu. B HacTosiiee BpeMs OH paboraer
3aBeqyommuM Kadeapoil mareMaTHKM W uHGOpMATHKM MaxaukaJauHCKoro (uiamana
MocKOBCKOT0 aBTOMOOUIIBHO-A0POKHOTO FOCYAAPCTBEHHOTO TEXHUUECKOIO0 YHUBEPCUTETA.

C cepeaunbl 70-x TOOB COCTaB YYaCTHMKOB CEMHHApa CTajl 3aMETHO PacTU 3a CHET
CTaXEPOB M3 HAYUYHBIX LIEHTPOB COIO3HBIX pecnyOiuK M 3apyOexHBIX YHHUBEPCUTETOB, C
KOTOpPbIMA MOCKOBCKUI YHUBEPCUTET HUMEI JOIOBOPbl O HAy4YHOM COTPYIHUYECTBE.
Pacmmpuicst crekTp Hay4yHBIX TeM, pa3pabaTbhiBaeéMbIX Ha CEMHHApe, IMOCKOJIbKY YacTo
CTaXEpbl NPUE3KATHM CO CBOMMH OpPUIMHAJIBHBIMHM 3aMbICIIAMH M IPEIBAPUTEIBHBIMU
pe3yibTaTaMu.

B cents6pe 1977 roga Ha mexmare MI'Y 3amuTii KaHIUAATCKYIO TUCCEPTAIUIO CTAXED
EpeBanckoro ynmuBepcurera Apkaauii HukomaeBuu AiiparnersH. UToObl oxapakTepu3oBaTh
pe3ynbTaThl qucceprauu A.H. AiipanersiHa, Hal0 ynoMsiHyTh, uTo B 1974 roay MHOIO (CM.
“Marem. C6., 1974, 1.94, Ne 1, 3-15”) ObIIO MONyYeHO yTOYHEHHE pe3yiabTaroB M. Llymsu
(M. Tsuji, 1950) u JI. Kapnecona (L. Carlesson, 1950), coctodiiee B HONOTHUTEILHOM
YTBEPKJACHUH O CIPSAMIISIEMOCTH 00pa3oB Xxopa B moakiaccax Kaprecona QyHKIun
OTPAaHMYEHHOTO0 BUAA. DTHU PE3yJbTaThl s MPEABAPUTEIBHO JOKIaAbIBAl Ha ceMuHape A.U.
MapkymeBuya. CeméH SIkoBineBuY XaBHHCOH 3aMETWJI, 4YTO 3HAUMUTEIbHas JIOJIs
MIPEABAPUTENIbHBIX YTBEPKACHUM, MPEACTABISAIOIMX TEXHUYECKYI0 YacTh JI0Ka3aTesIbCTBA
OCHOBHOTO pe3yJibTaTa, HUKAaK HE CBs3aHAa CO CBOMCTBOM MepOMOpPGHOCTH (YHKIHMH, a
CIIPaBEJINBO AJI MPOU3BOIBHBIX U3MEPUMBIX (PYHKIHNA. DTOMY 3aMEUaHUIO S MOCIE0Ball B
OKOHYATEIIbHOM ONyOJMKOBAaHHOM TEKCTE CTaThbU. JTO, NPOCTOE Ha MEpBBIA B3I,
3aMeuaHue OKa3aJoCh OYEeHb TNIYOOKMM W BIOCIEACTBMM HCIOIB30BajOCh HE TOJIBKO B
muccepraiuun A.H. AfipamersHa, HO W B uccienoanusx JKapko IlaBmueBnva (Zarko V.
Pavicevi¢), B cBsizu ¢ uzyuenueMm Mep KapnecoHa u oOpaTHBIX K MOEMY Pe3yJIbTaTy TEOpeM
Horo Jlabynoswuem (Novo Labudovi¢), C.JI. Bep6epsiHom, B.C. 3axapstHom. S odeHb
COXKaJICl0, YTO MMEHHO 3/IECh, & HE B CTaThe, sl BIEPBbIE YIIOMHUHAI0 CBOK) OIUIOLIHOCTD.
YacTUyHBIM U3BUHEHHEM MOJKET CIIYKMThb TPaJMLIUS CEMHUHApa OOCYXKIaTh KaXKIblil JT0KJIaja
M0 €ro OKOHYAaHHUU B JIpYXKenoOHo# mpodeccronanbHoil atmocdepe. B auccepramum A.H.
AlipanieTssHa 3TOT pe3yJbTaT paclpocTpaHéH Ha Oojee mnoapodHoe, yeM y Kapriecona,
pa3ouenne GyHKIUN OrpaHUYCHHOTO BUA HA MOJAKIACCHI, KOT/Ia MAJIOCTh MCKIIOYUTEIbHBIX
TPAaHUYHBIX MHOXKECTB H3MEpsieTCs He IMKalod HyJeBblx a-éMkocteit (JI. Kapmecon), a
IIKaJOM HyJEeBbIX EMKOCTEM OTHOCHUTENIBbHO mHocienoBaTenbHocTel. Kpome TOoro, o
pacnopoCTpaHWI Ha cllydaid OpPULMKIMYECKHX YIJIOB YIOMSHYTOE BbIIIE MOE YTOYHEHHE
teopeMbl K. Meliepa. Cepreit HuxutoBnu MeprensH yka3al BecbMa HEOKUIAHHBIA IS
CHENHAINCTOB TPUMEP OrpaHMUYEHHON B Kpyre roioMopdHoOi (yHKIUK ¢ HECYyMMHPYEMOU
MO TUIOIIAIU MPOU3BOJIHON. B coBMecTHOM pabore A.H. AiipanersHa U cTyAeHTa Mexmara
MI'Y Amnaronus HuxomaeBnya KanatHukoBa B 1976 romy moka3aHo, 4yTO Takue (QyHKITHH
COCTaBIIIIOT GOJBIIMHCTBO B TOMOJOTMYECKOM CMBICIE B KaXaoM Kiacce Xapaun HY,
0 < p < +oo, TIe OHU 00Pa3yIOT OCTATOYHOE MHOXKECTBO TUTA G .

B nacrosimee Bpems A.H. AilpanersH npenonaér B oqHOM U3 EpeBaHCKMX MHCTUTYTOB,
3aHMMasi B HEM B TEUEHUE HECKOJIbKMX JECSITHIETHH NOJKHOCTH 3aBeAylollero kadenpoi
BBICIIEH MAaTEMaTUKH.

HoBoe HampasieHue B paboTy ceMHHapa, CBA3aHHOE C MPWJIOKEHUEM METOJI0B
(GYHKIIMOHATBFHOTO aHallM3a K TeOpUU (PYHKIMI KOMIUIEKCHOTO MEPEMEHHOTr0, BHEC CTaXEp
u3 ['JIP XKak Maiiep (Jakues Mayer). DTo HampaBJCHHE CTAl0 TPATUIMOHHBIM B padoTe
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CEMUHAapa, HO HAaUBBICILIETO CBOEr0 Pa3BUTHS OHO AOCTHUIJIO BO BTOpPOM nojoBuHe 90-X ronos
u niepBoM gecsatuineTu XXI Beka (00 aToMm peub mouAET mo3zxke). XK. Maiiep MONHOCTHIO
OTMcall JTUHEWHbIE U30METPUU OAHAXOBBIX MPOCTPAHCTB aHATUTUYECKUX (DYHKIMI B Kpyre,
IPOM3BOHBIE N-TO MOPSIIKA KOTOPBIX MPUHAIIEKAT pocTpancTBaM Xapau HY, 1 <p < +oo,
¥ M30METPUU MPOCTPAHCTB aHATTUTHYECKUX (DYHKIMNA B KPyTe, IPOU3BOIHBIE KOTOPBIX PacTyT
py NpUOIMKEHUH K T'PAHUIIE CO CTENEHHONW CKOpOCThi0. CyIECTBEHHO HOBBIM MOMEHTOM B
€ro UCCJIEJOBAaHUM CITY’KUT UEs UCIIOIb30BaHU AJIs ONMCAHNS U30METPUM HE BCE IpaHMIIbI
[Iloke OaHaxOBBIX MPOCTPAHCTB, @ €€ YAaCTH - MHOYKECTBA TOYEK NMHUKA. DTH PE3yJbTaThl
COCTAaBHJIM €T0 KaHIUAATCKYI0 IUCCEPTallMio, 3allUIIeHHYI0 Ha Mexmare MI'Y B mekabpe
1979 ropa.

ITo Bo3Bpamienuu Ha poauHy K. Maiiep npenonasan B bepiaMHCKOM yHMBEPCUTETE UM.
['ymbonpaTa; B Hacrosimiee BpeMs OH MpenojaéT B TEXHUYECKOM HMHCTUTYTE 3amajHoro
bepnuna.

Ilepuon c¢ 1981 roma mo 1983 rom okazancs camMbiM IUIOJAOTBOPHBIM 110 YHUCTY
3alMIIEHHBIX JUCCEPTAlMi ydyacTHUKaMU ceMuHapa. B ampene 1981 roga xanaunmarckyro
auccepranuioo  3amuTii  ctaxép EpeBanckoro ynuBepcuteta Menbcuk MaMHKOHOBHY
Mup3sosia; B HOosiOpe 1981 roma - BBIMYCKHUK U acmupaHT mMexmara AHatonuii HukomaeBuu
Kanatnukos; B Hos10pe 1981 roma - ctaxép u3z Komym6buu Xopxe Dupuke Mexus JlaBepna
(Jorge Enrice Mejia Laverda); B ¢deBpane 1982 roma - BeimyckHHMIa mexmara ['anuHa
HmutpuesHa JI€BmmHa; B okTsi0pe 1982 roma - craxép Epeanckoro yauBepcutera CamBen
JleBonoBuu bepOepsin; B mapre 1983 roga - BeimyckHMua Mexmara Hazpexna BopucoBHa
ManeimieBa; B utone 1983 roga - acrmpant mexmara [letp Bacunsesna [{oBOy1m; B gexadpe
1983 roma 3amMTHI AOKTOPCKYIO JHMCCEPTALMIO B beiarpajackoM yHUBEPCHTETE CTaXKEp
VYuusepcurera Yepnoropun XKapko B. [TaBudesnu (Zarko V. Pavicevic).

YroObl oxapakTepu3oBaTh pe3yiabTatel M.M. Mup3osgHa, HeoOXOAMMO crenaTh
IPEIBAPUTENLHO CIEyIOIIee 3aMeyaHue. XOTs MOHATUE MPEAETbHOT0 MHOKECTBA BO3SHHUKIIO
B KOMIIJIEKCHOM aHaJIu3€, HO IO CBOEU NPHUPOJAE OHO SBJISIETCS YUCTO Tomojorndeckum. Ha
3TO 00CTOSITEIBCTBO, MO-BUAMMOMY, BIIEPBBIE OOpaTHII BHUIMAaHUE aHTIUHCKHUHA Toroor JIxk.
VYacron (J. Weston) B 1958 rogy. Ero 3ameuanue He NpHBIEKIO BHUMAaHUE OOJBIIMHCTBA
CIEIHAJICTOB MO0 TEOPUH MPENEIbHBIX MHOKECTB BO3MOKHO IIOTOMY, YTO, B OCHOBHOM, OHU
ObUIH CIIEIMATUCTaMU [0 KOMIUIEKCHOMY aHanu3y. 3aciayra M.M. Mup3osiHa COCTOUT B TOM,
YTO OH 3aMETWI, 4YTO KIIOYEBYIO JUISI TEOPUU NPEICTbHBIX MHOXECTB (DyHKITHIA
KoMIUIeKcHoro mnepeMmeHHoro teopemy . Kommmursyaa (E.F. Collingwood, 1957) o
MaKCUMAaJIbHOCTH MOYHO PaclpOCTPaHUTh Ha OTOOPaKEHHS TOTMOJIOTMYECKHX MPOCTPAHCTB,
IpUYEM B OKOHYATEIBHOM BUJE, YCUIIMBAs IPU 3TOM pe3yJbTaThl JK. YICTOHA M pe3ysbTar
P. ®eiioka (R.E. Feiock, 1974) o MHOECTBE TOUYEK OTCYTCTBHUSI CBOMCTBA HETPEPHIBHOCTH 10
COBOKYIHOCTH HEPEMEHHbIX y MHOTOMEPHBIX (YHKIMH, HENPEephIBHBIX MO KaXKAOMY
nepeMeHHomy. Jpyras dacte auccepraumu M.M. Mup3osHa COCTOUT B pacnpOCTPaHEHUU
YHOMSHYTBIX BbllIe pe3ynbraTtoB D. Kommmursyna (1957 r.) u B.M. I'aBpunosa (1974 1.),
OTHOCSIIIIUXCS K HEKacaTeJIbHOMY IOJAXOJY K IpaHHULe, Ha ClIy4ail KacaTeJIbHBIX IyTEeH co
CTEIIEHHBIM MOPSAKOM MOAXO0/A.

M.M. Mup30s5iH npenogaér B T0JKHOCTH TOLEHTA B OJTHOM M3 MHCTUTYTOB EpeBaHa, Bens
OpU 3TOM aKTUBHYIO MyOJHMKAalMI0O HOBBIX pE3yJbTaTOB, CBSA3aHHBIX C TEMaTHKOU
JICCEepTaLUH.

Pesynbrarel A.H. KanaTHMKOBa 1O TEOpUHM INPEAEIBHBIX MHOXECTB CIEIYET NPU3HAThH
BBIJIAIOMIMMUCS. Bo-TiepBhIX, eMy NpWHAIJICKUT IMONHOEe obOpameHue teopem K. Meiiepa
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(1961 r.) m AM. Ilnecuepa (1927 r.), SABISIOMIMXCS TOMOJOTUYECKUM U METPUUYCCKUM
KaHOHaMU B OINMCAHUU TPAHUYHBIX OCOOEHHOCTEW MepoMOpP(HBIX (YHKUMH B Kpyre; 10
9TOrO B Hamieil coBMecTHOU ctathe (1977 1.) yTBep)kaeHue teopeMsl K. Meiiepa mpruobpeno
OKOHYaTeNbHbI BUI. Bo-BTOphiX, A.H. KaHaTHHKOBY NMpUHAJICKUT BBEICHUE HOBOI'O THUIIA
IpEEIbHBIX MHOXECTB - IPEJEIbHBIE MHOYKECTBA IO IIOCIEN0BATEIBHOCTSIM KOMIIAKTOB
(amoncupoBano B xkypHanme “Jlokmager AH CCCP, 1980, T. 253, Ne 1, 14-177),
CHUCTEMaTHUYECKH M3y4eHHOe B pabote, onmyOnukoBaHHO# B xypHaie “Uzsectuss AH CCCP,
cep. mareM., 1984, 1. 48, No 6, 1196 - 1213”. DTO mNOHATHE BO3HHUKIO B CBA3U C
3aMedarenbHbIM pe3ynpTaroM C.M. BopoHnHa 0 cBOICTBE YHUBEPCATBLHOCTH J3€Ta-(PyHKIIUH
Pumana. K coxxanenuto, C.M. BopoHnHy He yJanoch J0Ka3ath, 4To A3eTa-(QyHKIHs 00IanaeT
9TUM CBOMCTBOM B IIOJIHOM BHUJE, U BOIIPOC OCTAETCS OTKPBITBIM 10 cero BpeMeHu. OnHako, ¢
npyroit croponsl, B ctarbe B.W. I'aBpumoBa, A.H. Kanaraukosa // [Jokmager AH CCCP,
1982, 1.265, Ne 2, 74-76, otmeueHo, uto ecnu psin Jupuxie, odpasyrouiuii 13era-QyHKIHIO,
cieNlaTh 3HAKOYEPEOYyIOIMM, TO MOJydaroliascs Mpu 3TOM (yHKuMsS 00JiajaeT CBOWCTBOM
YHHMBEPCAJILHOCTH B nojiHoM o0beMe. Ho, kak pacckasbiBan MHe Cepreit MuxaiinoBuy, gaxe
B HEIIOJIHOM BUJIE €r0 TEOPEMA UIPAET KIOYEBYIO POJIb B HEKOTOPBIX COBPEMEHHBIX pa3zeiiax
teoperndeckoi ¢usuku. ['mybGokue uccnenoanus A.H. KanatHukoBa oOHapyXwin CBA3H
HOBOI'O TIOHSATUS MPENEIbHOIO MHOXECTBA [0 IOCJEOBATEIBHOCTAM KOMIIAKTOB,
pacripesienieHus 3HaueHul (QyHKIMN (B 4aCcTHOCTH, ¢ P - mocienoBaTenbHOCTAMU) U APYTUMH
pazzenamu. B nanpHeieM 3TO MOHATHE M3Y4yaloch, MO APYIMM Ha3BaHHUEM, MPOdeccopoM
Buxtopom MBanoBuuem KpyrimkoBbim (1997 T.) u ero y4eHHKOM - JIOIIECHTOM AHTOHOM
[TaBnoBuuem JleBarkoBeiM (2006-2008 rr).

B nacrosmee Bpems A.H. KaHaTHUKOB SIBIS€TCS IPU3HAHHBIM YYEHBIM, CIIELUATINCTOM HE
TOJIBKO 10 TE€OPUHU TPEAENbHBIX MHOXKECTB, HO U MO TEOPUU YIIPaBJICHHUS, B KOTOPOW OH
3aIUTUII JOKTOPCKYIO IUCCEPTALHIO.

A.H. KanataukoB - npodeccop MI'TY umenn H.D. Baymana, aBTOp MHOTHUX Hay4YHBIX
MoHOrpaduid ¥ BY30BCKUX Yy4eOHUKOB, mnaypeaT mpemun IIpesumenta Poccuiickoit
denepanuu.

X.3. Mexus JI. BBEn HOBBIM Kiacc (yHKIMHA, Ha3BaHHBIX SKBUMOP(HBIMU (YHKIHSIMU.
[TockonbKy, KaK W3BECTHO, KKI0E OJHOJIIMCTHOE KBa3MKOH()OPMHOE OTOOpaXKEHHE SIBIISCTCS
9KBUMOpP(GU3MOM, TO  MHOXECTBO  OSKBUMOP(HBIX  (YHKIMHA  CONEPKUT  BCe
niceBioMepoMopdHbIe (QYHKIMU, TPAHUYHOE TTOBEJICHUE KOTOPBIX HM3ydaeTcsi ¢ KoHma 20-X
roJ0B MNpOIIEIIIEr0 BeKa, W, Kak mokasan X.J. Mexus JI. ato Binoxkenue crporoe. Ero
KaHIUAaTcKasi AUccepTalys MOCBAIEHAa CUCTEMATUYECKOMY M3YYEHHIO TPAHUYHBIX CBOMCTB
SKBUMOPGHBIX QYHKIUH, BKIIOYasi CBOMCTBA BBEAEHHBIX UM ISl 9KBUMOP(HBIX pyHKIui P -
NOCJIEZI0BATENBHOCTEN U CTPYKTYpy T'PaHMUHBIX ocoOeHHocTed. B Hacrosimee Bpems X.O.
Mexus JI. aBnsercs npodeccopoM YHuBepcurera ropoaa Meanenuna (KomymOust), akTHBHO
paboTarOUIMM B TEOPUU JUHAMHUYECKUX CHCTEM.

I'"JI. JIEBumMHOM NpUHAIUIEKUT JajbHEUIIEE IUIOAOTBOPHOE pPAa3BUTUE BO3HMKILEIO B
paboTe ceMuHapa HampaBJ€HMs], CBSI3aHHOTO C MPHJIOKEHUSIMHU METOAOB (PYHKIIMOHAIBHOIO
aHaIM3a K 3aJadaM KOMIUIEKCHOIO aHain3a. B e€ nuccepranuy MOJHOCTBIO ONMCAHBI
MHOXECTBA JIMHEHHBIX M30METPUI B KOA(PPHUIMEHTHBIX MYJIbTHUILUTUKATOPOB B JIMITIIHIIEBBIX
IPOCTPAHCTBAX AHATUTHYECKUX (YHKUUI C MPOM3BOJIBHBIM MOYJIEM HENPEPhIBHOCTU C
yKa3aHHUEM SIBHOTO BHJA U30METPHUM U MyJIbTUILIMKAaTOpOB. Bece mpenpiyiye rcciaeaoBanus
OTHOCWJIACHh K YaCTHOMY CIIy4ar0 MOJYJsSI HENPEPBIBHOCTH CTENEHHOIO BHIA, NPHUYEM,
UCIOJb3yEMblE B HHMX TEXHHUKH NPUHIUIHAIBHO HE NEPEHOCHWINCh Ha OOLIMil cirydai.
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IToaromy pesynprarel ['.JI. JIEBIIMHOW MOJyYEHBI HOBBIM, NPUHALIEKAIUM €U
OpUrMHaIbHBIM MeTogoM. HOBOM nmake uisi 4aCTHOro cilydas oOkaszajgach €€ Teopema O
COBMAJICHUU  MHOXECTB  KOI(PQPHUIMEHTHBIX  MYJbTUIUIMKATOPOB B JIMIIIIHIIEBBIX
IIPOCTPAHCTBAX M B MPOCTPAHCTBAX C HHTErPAIBbHBIM YyciaoBueM Jlnmmmna. Yka3aHbl
NPUIOKEHUS K HCCIEIOBAaHUIO CyMMHUpPyeMOCTH psfgoB @Dypbe HENpPEepbIBHBIX U
CYMMHPYEMbIX (PYHKIIHH.

Bo BTOpOIi yacTu quccepTaiuy BepBbie BBOIATCS HEOOXOUMBIE M JOCTATOUYHBIEC YCIOBHS
It MepoMopdHOM  (QYHKIIMH,  TMOPOXKIAIOMIEH  HOPMallbHbIE  WJIM  aOCOJIIOTHO
THIIEPHOPMaJIbHbIE CEMEWCTBAa Ha MOATPYNNax TIpynnbl KOH(GOPMHBIX aBTOMOP(HHU3MOB
€AMHUYHOTO KpyTa.

HccnenoBanus 1Mo Ha3BaHHBIM HAIMpPaBICHUSIM OBUIM YCHEIIHO €0 MPOJOJDKEHBI MOocie
3amuThl aucceprauuu. Pesynbrarer ['.JI. JI€BmmMHON oTMeueHbl B HepaBHEW MoOHorpaduu
B.U. TI'aBpunos, A.B. Cy606otun, .A. EdumoB “I'paHnuHble CBOWMCTBAa aHAIUTHYECKHUX
bynkuuil (nanpHeWmuil Bkaaxa ).” M.: U3n- Bo MockoBckoro YHusepcurera, 2013, ctp. 161 -
166.

I'.JI. JIéemmHa npenogaér B MockBe B MHCTUTYTE CTanu U CIUIABOB, SIBJIIETCS aBTOPOM
MHOTUX Y4eOHBIX TOCOOHMI MO pa3Nnu4YHBIM pa3felaM BbICIICH MaTeMaTWKH, Oblia
O(QUIMATBEHBIM ONIIOHEHTOM I10 HECKOJIBKUM KaHAWJATCKUM JAUCCEPTALMSM.

C.JI. bepbepsH mpeanoXuia CEMHHApy CBOIO TEMAaTUKY, COCTOSIIYI0 B H3YYCHHH
ITPaHUYHBIX CBONCTB M CBOWCTB HOPMAJIbHOCTH TapMOHMYECKHX, CyOrapMOHUYECKHX,
HenpepbIBHBIX QyHKIMNA. Ero kanaugaTckas auccepTalysi COCTOUT U3 ABYX YacTeil. B mepBoit
gactu Havatble A.H. AlpaneTssHOM WCCIeAOBaHUS TOIKIACCOB (DYHKIUH OrpaHUYCHHOTO
BU/JIA B IlIKaje EMKOCTEH OTHOCHUTENIBHO MOCJIEI0BATENbHOCTEN MOIYYMIN CBOE 3aBEPILICHUE B
dopMe pe3ynbTaTOB OKOHYATENbHOIO XapakTepa. Bo BTOpoll uacTu paccMmaTpuBaeTcs
TpaHUYHOE MOBEJCHUE CyOrapMOHMYECKHX (PYHKIIMIA, CHCTEMaTHYeCKOe H3yUeHHE KOTOPBIX
Hauato paboramu W.U. Ilpusanosa, E.JI. Comomennea, M. Ilymu (M. Tsuji). OcHOBHOE
BHUMAaHUE YJENSIeTCA OMPENCIEHHBIM B €IWHUYHOM KpYyre CyOrapMOHMYECKUM (YHKIUSM,
ynosietrBopsitonuM yeioBuro Jx. Jluttieyna (J.E. Littlewood), xorna cyorapmonudeckas
byHKIUS TpeacTaBuMa B BUAE PAa3HOCTH TFapMOHWYECKOW (yHKIMU U moTeHImana ['puHa.
VYcTaHOBNIEHBI YCIOBHS, NMPU KOTOPBIX MOTEHLMAnd ['puHa MMEET KOHEUHBIE Mpeiesbl IO
MIOYTH BCEM XOPJAM B KaXIOW TOUKE EAUHUYHON OKPYKHOCTHU, 32 BO3MOKHBIM UCKIIFOUEHUEM
TOYEK MHOXECTBA HYJEBOM EMKOCTH OTHOCUTENIBHO IMOCIEAOBATEILHOCTENH. JTOT pe3yibTar
MO3BOJIMJI PACIpPOCTPAHUTh YKa3aHHOE BBIIIEC 3aKIIOUEHHE Ha cyOrapMoHH4Yeckue (yHKIUU
IpU BBIIIOJHEHUU JONOJHUTENbHBIX YyCIOBUH. Jlucceprauus 3aBeplIacTCsl H3yYEHUEM
TPaHUYHOTO TOBEACHUS HOPMAIbHBIX CyOTrapMOHHUYECKHX (YHKIUH M CyOrapMOHUYECKHX
(GyHKIUH, HOPMaJIbHBIX OTHOCHTEIBHO THUIEPOOIMYECKON MOArpyNIbl KOHPOPMHBIX
aBTOMOP(I3MOB KpyTa (T.¢. GyHKImil KimaccoB N, 0 < @ < 27). B 4acTHOCTH, IOKa3aHO, 4TO
cybrapmonmueckass (QyHkmms kimacca N* =U0§e§2nNe, YIOBJIETBOPAIOIIASA  YCJIOBHIO
JIuttnBynaa, o01anaeT KOHEUHBIMH YTTIOBBIMU MIPEIeJIaMy MOYTH BCIOJLy Ha TPaHUIIE.

Bo Bropoii monoBuHe AByxThicsuHbIX rojnoB C.JI. bepbepsH 3ammutun B WMHCTHTYTE
MareMatuku HannonansHOM Akanemun Hayk ApMeHnH nuccepTanuio Ha COMCKaHHUE YUEHOUN
CTETIEHU JIOKTOpa (U3UKO-MATEeMATUYECKUX HAyK W B HACTOsIIee BpeMs paboTaer
npocdeccopom Poccuiicko-Apmsnckoro (CnaBsiHckoro) YHuBepcutera B EpeBane.

Huccepranusa H.b. ManbleBoi mOCBAIEHa CUCTEMATUYECKOMY HM3YUYEHHUIO MPEACIIBHBIX
MHOKECTB OTOOpa)XCHHMU TOIOJIOTMYECKUX TMPOCTPAHCTB. B Heil BmepBble OTMeueHa
NpUHLMIKATIBHAS POJIb B M3ydaeMoOil mMpoOjeMaTHKe yHHBEpPCAIbHOW TOMOJOrHMH AHIpes
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Hukonaesnua Tuxonosa 1936 roma. Tak, H.b. ManeleBoil ycTaHOBIIEHO, YTO IIpEEIbHBIE
MHOXECTBAa IPOU3BOJIBHOTO OTOOpa)KE€HMsI TOIOJOTMYECKUX IPOCTPAHCTB  00pasyroT
MHOT'O3Ha4YHOE OTOOpa)keHUe, HENpephlBHOE B YHUBEPCAIbHOM Tomonmoruu TuxoHoBa. B
JUCCEpTAallMM  YCTAHOBJICHBl DKBHUBAJICHTHBIC XAPAaKTEPUCTHKU IOHATHA IPEICIBHOTO
MHO>KECTBAa KaK TIpeJeia HEKOTOpOH OOOOMIEHHONH TOCIEeI0BATEIbHOCTH 3aMKHYTBIX
MHOKECTB B DJKCIIOHCHIMAJIBHOM TONOJOTMM ¥ KaK MHHHMAJIBHOTO IIpeAesia B CMBICIE
Brnanumupa MBanoBnua IloHoMapeBa B yHHMBEpcalbHOM TOnosorud TuxoHoBa. Jloka3zaHsl
TEOPEMBI O MaKCUMAJIbHOCTH M TEOPEMBbl O HENPEPBIBHOCTU OTOOPAXKEHHUH, MOPOXKIAEMBIX
IpeIeIbHBIMU ~ MHOJKECTBAMU. OTH  PE3yJbTaThl HMEIOT OKOHYATEIbHBIM  XapakTep
OTHOCHUTEIIBHO KaTE€rOpUM W TUIA UCKIIOYUTEIBHBIX MHOXECTB. M3y4aroTcs KaueCTBEHHBIE
npeiebHble MHOXKECTBA, U YCTAHABJIMBAETCS MX SKBHUBAJEHTHOCTh OOBIYHBIM IPEEIbHBIM
MHOECTBaM JUIsl HEMPEPBIBHBIX OToOpaxeHui. Mcciemyercs Takke CBOWCTBO JTUHEHHOM
CBSI3HOCTH 00pa3oB HEKOTOPBIX KJIACCOB TIPAHMYHBIX KPUBBIX HpU OTOOpaKEHUH,
MOPOKIAEMOM IPENETbHBIMA MHOKECTBAMU KOMIUIEKCHO3HAYHBIX (DYHKIIHI.

ITocne oxoHuanus acnupanTypsl H.b. Manbimesa npenogaér Ha mexmare B JOJDKHOCTH
JIOLIEHTA; OHA - aBTOP U COABTOP HECKOJBKHUX YUYEOHHMKOB M Y4EOHBIX MOCOOUH IO BbICIIEH
MaTeMaTHKe JUIsl eCTECTBEHHBIX (pakynbpTeToB MI'Y.

Hayunsim pykoogurenem I[1.B. JloBOyma B romaer yuéosl Ha mexmare MI'Y Obut B.B.
Hlabar u [1.B. momyunsn conuaHyo MOATOTOBKY B 00JaCTH MHOIOMEPHOTO KOMIUIEKCHOTO
aHanuza. [locne ero 3auncieHuss B acnupaHTypy (akynprera, bopuc BnamgumupoBuu
oOpatuiicss Ko MHE ¢ mpockOoi ompenenuts g [1.B. JloBOymma HampaBieHHe Hay4YHOUN
pabotsl u KypupoBaTh €. Tak B Havasie 1979 rona nmosiBUiICS HOBBIM yuyacTHUK cemuHapa. K
9TOMY BPEMEHHU ObUIM JOCTUIHYThl OCHOBOIIOJIATAIOIINE PE3YIbTaThl B TEOPUU HOPMAJIbHBIX
MepOMOP(HBIX QYHKIMHA OJHOTO KOMIUIEKCHOTO MEpEeMEHHOTO U € mpuioxeHuit. [loatomy
BBIOOp TEMATUKU JUI MUCCIEJOBAHUU OIpenenuics caMm co0oil - pacnpoCTpaHUTh TEOPHUIO
HOpMaJIbHBIX (DYHKUIMH Ha MHOTOMEpHBIA cilydail. AKTHMBHO BKJIIOYHMBIIMCH B pa3pabOTKy
nocraBieHHbIX 3a1a4, [1.B. JloBOym yxe B 1981 rogy onmyGunKkoBan ABE CTaTbu, KOTOPBIE U
CIElyeT CYUTaTb HAyaJlOM TEOPUU HOPMAIbHBIX (QYHKIUN HECKOJbKHX KOMIUIEKCHBIX
HepeMEeHHbIX (MPUYEM PYKOMMCh MEPBON CTAaThM ObLIA CllaHa B PEAAKIMIO JKypHala yke B
utonie 1979 roga). B cnepyromem 1982 romy 6putn omyOIMKOBaHBI €€ OJHA CTaThsl aBTOPa U
Hallla COBMECTHas paboTa, cojepXaBllas MpPUIOKEHHE HOBOH TEOpUHM K H3YUYECHUIO
IPaHUYHBIX OCOOEHHOCTEW, MOPOXKIAEMBIX MPEICIbHBIMU MHOXECTBAMH IPOU3BOJIBHBIX
rojgoMoppHbIX (YHKIMA HECKOJIbKMX KOMIUIEKCHBIX mepeMeHHbX. B 1983 rony II.B.
JoBOym 3ammTiin B MOCKOBCKOM YHHUBEPCUTETE KaHIUAATCKYIO THCCEPTAIUIO - MIEPBYIO B
MHUpE JHUCCEpTalUI0 IO TEOPUM HOPMAIbHBIX (YHKIHMA HECKOJBKUX KOMIIJIEKCHBIX
IIEPEMEHHBIX.

Huccepranuss HauumHaeTcss o00o0OIIeHMEM Ha TrojJoMop¢pHble (YHKIMM HECKOJIbKHUX
KOMILJIEKCHBIX TIEPEMEHHBIX KJIaccuueckoro omHomepHoro kputepus @. Maprtu (F. Marty;
1931) HopmanbHOCTH cemelicTBa MepoMOPGHBIX (QYHKIMNA. AHATOTUYHBIA pe3ylbTaT
nyOnukyer amepukaHckuii maremMaTuk P. Tumonu (R.M. Timoney), HO CTaTbs MOCIEIHETO
caana B neuath 17 okTs0psa 1979 r., B To Bpems kak cTatbs [1.B. JloBOymma - 18 urons 1979 r.
O0600mEHHBIN KpuTepuii MapTh NCTIONB3YETCs ISl TOKa3aTeIbCTBa KPUTEPHSI HOPMATbHOCTH

ronoMOppHEIX (YHKIMII B OrPaHMYEHHBIX OIHOPONHBLIX obmacTsax B C'. OnHako B
MHOTOMEPHOM CJTy4dae 4acTO TPYJHO YCTAaHOBUTH SIBIISIETCS JIM 00JIACTh OJJHOPOTHOM, U, Oosee
TOro, OOJBIIMHCTBO oO0OJacTeil He SBISIOTCA OJHOPOJHBIMH JaXXe Cpeau CTPOro
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NCEeBIOBBIMYKIBIX oOnacteit. Ilostomy II.B. JloBOym BBOOUT CBOWCTBO HOPMAaJbHOCTH

QYHKIMKM B TIPOM3BONBHON o6macTH m3 C' TOCpenCcTBOM OGOOIICHHMS Ha MHOTOMEpHbIIt
Cly4yail OJHOMEPHOTIO TOHATUS P -MOCIeNOBATEIBHOCTU. OTO TMO3BOJIMIO JI0Ka3aTh
HECKOJIbKO KPUTEPUEB HOPMAIBHOCTU TOJOMOPGHBIX (YHKUUHA B OAHOPOAHBIX, CTPOTO
MICEBIOBBIMYKIIBIX OOJIACTAX U B TMPOU3BOJIBHBIX OO0JIACTAX C HEBBIPOXKIEHHOM METPUKOI
beprmana. Jlanee wu3y4aroTCsi HEKOTOpPbIE BOIPOCHl ACUMNITOTHYECKOIO IOBEIEHUS
HOpMAaJIbHBIX (YHKIMI; B YaCTHOCTH, JOKa3aHO, YTO HOPMaJIbHasl B CTPOTO MCEBIOBBITYKION
oOnactu (GyHKIMA, UMEIOIIAsi HeKacaTeIbHbIH aCUMIITOTUYECKHI Mpe/ie B TPAaHUYHON TOUKe
obyactu, 00ylalaeT B 3TOM TOYKE PaBHBIM €My JOMyCTUMBIM mpezaenoMm (o Kopanem). Ota
TeopemMa coiepkuT B cebe u3BecTHbIM pesynbrar E.M. Uupku (1973 r.) Hucceprarms
3aBeplHIaeTCsd MPWIOKEHUSIMH K HW3YYEHHIO TPAHUYHBIX OCOOEHHOCTEH MPOU3BOJIBHBIX
rojgoMoppHbIX (QYHKIMH U, B YaCTHOCTH, JIOKa3aTeILCTBOM MHOTOMEPHOTO aHajora
omHOMepHO# TeopeMbl K. Meiiepa, comeprkaierocsi B Halei COBMECTHOU My OJIMKAITUH.

B nactosimee Bpemst I1.B. JloBOy1I siBIsieTCsl MPU3HAHHBIM CIICLUAIIMCTOM B MHOTOMEPHOM
Teopur HOpMabHBIX (GyHKIMUA. B umione 2004 roma Ha Crnenuaau3upoBaHHOM YUEHOM
CoBere B KummuéBckoM YHUBEpCUTETE, B KOTOPBIH BXOAMIM HECKOJBKO 3apyOeHbIX
y4€HbIX, UM ObUIa 3alllMIIeHa JUCCepTalusi Ha COMCKAHWE YUYEHOM CTemeHu JOKTOpa
xaOunuraTr (PU3NKO-MAaTEMATUYECKUX HAayK, YTO COOTBETCTBYET JHOKTOPCKOW IUCCEpPTAallUU B
CCCP u Poccuiickoii ®enepanuu. OH padotaer B MHCTHTYTE MaTeMaTtuku HammoHamsHOM
akanemun Hayk Monnossl B r. Kumnése.

B 3axmrouenune oTrMeuy, 4TO JOCTATOYHO TOJHBIN 0030p JOCTIKEHHWH B MHOTOMEPHOM
TEOPHUHM HOPMaJbHBIX (QYHKUUH conmepxkut cratess B.M. TaBpunos, I1.B. JloBOym
“Hopmainbabie oToOpakeHus” // Mathematica Montisnigri, 2001, v. 14, p. 5 - 61.

C 1980 mo 1983 rr Ha ocHoBe [loroBopa 0 Hay4HOM coTpyaHudecTBe Mexay MI'Y u
YepHOropckuM YHHUBEPCUTETOM B paboOTe CeMUHApa y4acTBOBAJI TAIAHTIWBBIA CTaXEP
VYuusepcurera Yepnoropun XK. ITaBuyeBud. 3a yka3aHHBIM KOPOTKUI NEpUOJA BPEMEHH,
BOII1 B COBEpPUIEHHO HOBYIO JJIi HEro TEMAaTHKy, OH IOJy4YWJ HACTOJbKO 3HAUMMBbIE
pe3yabTaThl, UTO OHM COCTABWJIM IPEAMET €ro JOKTOPCKOM AMCCepTalMM, 3aUUIIEHHOW B
benrpaackom YHuBepcurere B koH1e 1983 rona.

B nuccepranuu n3yyaroTcsl yCIOBHUS METPUYECKOTO M TOMOJOTHYECKOr0 XapaKTepa, MpH
KOTOPBIX pPaBHOMEpHAsl CXOJMMOCTh Ha BHYTPEHHUX KOMIIAKTaX IOCIEA0BaTEIbHOCTEN
mepoMopdubIx QyHkmii u3 nonakinaccos JI. Kapnecona ¢yHkuuii orpaHM4eHHOTO BUIA U
MOCJIE0BATEIbHOCTEN aHATMTUYECKUX (DYHKUMN U3 aHAJIOTMYHBIX MTOJIKJIACCOB MPOCTPAHCTBA
Xapau H’ BIEKYT CXOIMMOCTH IMOCIIEIOBATEIBHOCTEN YIJIOBBIX T'PAHUYHBIX 3HAYCHHI
BXOJSIIIUX B Ha3BAaHHBIE MOCIICAOBATEIIFHOCTH (PYHKIMH K YIJIOBBIM T'PAHUYHBIM 3HAYCHHUSIM

npeeNbHBIX (GYHKIMHA. AHaTOrMYHas 3a71a4a pemaetcs B runepbonndeckoM kiacce H, . B

TpEThel TIJ1aBe IUCCEpPTAlMUM PACCMOTPEHA JIOKAIW3allMsl yKa3aHHBIX BBIIIE 3a7ad, KOTa
IrpaHUYHOE TOBEJCHHE H3ydaeTcss He Ha Bceil rpaHuie oOJacTH ompeaeneHus, a Ha eé
OOpEeNIeBCKUX MOIMHOKECTBAX.

K. TlaBuyeBHY SBJISIETCA CaMblM MOJIOABIM M3 COTPYIHHUKOB YepHOropckoro
YHHUBepcuTeTa, MOMYyYaBIIMX CTENEHb JOKTOpa, 3BaHHE Npodeccopa M CO3AaBaBIIUX CBOH
Hay4yHble IKOJbI. [log ero pykoBOACTBOM 3alllMIIEHBI TPU JTOKTOPCKHUE TUCCEPTAlLlMH, a €ro
yuenuk Hoso JlaGynoBuu (Novo Labudovi¢) 3amutun B 1990 romy mepByio B HCTOPHH
UepHoropckoro YHHBEpPCUTETAa JOKTOPCKYIO AMCCEpPTAlMIO IO MaTeMathke. Bce Tpu
JUCCepTallii TECHO CBSI3aHbl C TEMATHUKOM CEMHHapa, a UX aBTOPbI PEryJISIPHO JOKJIaJAbIBAIIN
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Ha HEM cBoM pe3ynbrathl. Ceituac mpogeccop H. JlaOynoBuu HaxoauTcs Ha TEHCUH, a JIBa
yuenuka JK. [laBuueBnua - Pomeo MemtpoBuu (Romeo Mestrovi¢) u Ema [lymma (Jela
SGs8i¢) - paboratot mpodeccopamu UepHOTOPCKOTO Y HUBEPCUTETA.

®dotorpadus 3

Puc. 1. Ha ¢ororpadgun 1 m3oOpaxeHsl: B nepBoM psnay (crpasa HaneBo) H. Jlabymosuu, P. Memrposuy,
B.U. TI'aBpunoB u C.B. Kpasnes; Bo Bropom psny - XK. IlaBuueBnu (B ueHrpe psna). Ha dotorpadpum 2
m300pakeHbl: B TmepBoM psny (cmpaBa HaneBo) H. JlaOymoswu, XK. IlaBuueBnu, B.UM. I'apumoB u C.B.
KpaBues; B mocnemHem psmy cmpasa - A.B. Cy66otur. Ha dortorpadmm 3 m300paskeHBI: B MEPBOM psIy
(cpaBa maneso) H. JlaGynosuu, B.W. I'aspuiioB u C.B. Kpasues; Bo Bropom psagy - K. IlaBuueBnu (cmpasa).
Ha ¢otorpaduu 4 uzobparkeHbl y4acTHUKH ceMuHapa, Bkiaroudas H. Jlabymosuua, P. Memrposuua u bappu
Babykapa (kpaiinuii cipaBa).

[Mpodeccop XK. IlaBuueBnd - HAyYHBIH pPYKOBOAUTENh MHOTUX MAaruCTEPCKHX
JUCcepTalil M0 MaTeMaTHUKe U MeAaroruke.

B mnacrosmee Bpemst mpodeccop K. IlaBuueBuu - camblif W3BECTHBIH MaTEMaTHK
YepHoropuu, CeUAIUCT IO TEOPUH HOPMAJIBHBIX CEMEWCTB M HOPMAJIbHBIX (DYHKIUH, IO
TEOPHM JWHAMHUYECKUX CHUCTeM, Teopud F -mpocTpaHcTB aHanutuueckux ¢yHkuuid. Ero
pe3ysbTaThl MeYaTarT Beaylue xypHaiabl Poccun, crpan EBponbl, HoBoii 3emanauu u ap.
TlocieHMe YACTHYHO MPEJCTaBIeHl B MoHorpapum R. Mestrovié and Z. Paviéevié,
“Privalov Spaces on the Unit Disk (research monograph)”, Department of Mathematics,
Faculty of Science, University of Montenegro, Podgorica, 2009, ISBN 978-9940-551-00-1,
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143 str.

[Tpodeccop XK. IlaBuueBnu BHEC 3HAYMTENBHBIA BKIJIAI B pa3BUTHE UYEpHOTOPCKOTO
VYHuBepcurera M Bcero oOpasoBanuss YepHoropuu. B 1992-1994 r1r o paboran
3aMEeCTUTENeM  JieKaHa  I[PUpPOJHO-MaTeMaTHueckoro  (Qakynpreta  YepHOropckoro
VYuusepcurera, a B 1994-1998 rr - nexanom ¢akynsrera. B 1993 r. O opranusoBan
Hay4HbId KypHan ‘“Mathematica Montisnigri” u sBIAeTCS €ro OECCMEHHBIM TJIaBHBIM
penakropoM. CTaTbu >KypHala TMOJHOCTBIO pedepupyrorcs pedepaTuBHBIMU JKypHAJIaMHU
Poccuu, CIIIA, ®PI'. B 1994 rony onmy6nukoBan yHuBepcuteTckuii yueonuk V.I. Gavrilov,
7. Paviéevié. “Mathemati¢ka Analiza 1.” Podgori¢a Unirax, 535 str., KOTOpBIi HCIIONE3YIOT
TaK)Ke MPEIoaBaTeu HEKOTOPhIX yHUBEpcuTeToB CepOun.

B nByxTbicsiunble rogsl npodeccop XK. [TaBuyeBry ObUT OpraHU3aTOPOM U PyKOBOJUTEIEM
JBYX TOMYyJSPHBIX KypHaioB: ‘“Mathematiyku Mo3zauk” wu “Mathemati¢e-Racunarske
Mozaik” - ns y4eHHUKOB HayaldbHOW IIKOJBI U YUYEHUKOB 5-8 KJIacCOB OCHOBHOH MIKOJBL. B
10-e rompt XXI Beka OH B COAaBTOPCTBE OIyOJMKOBAJ J1BA JTUIAKTUYECKUX KomruiekTa “HoBa
matemaTtrka 17 (Tpu kHUkKH) U “HoBa martemaruka 2” (TpU KHUXKKH) Ui IIKOJHBHUKOB
NEPBOIrO U BTOPOTO KJIACCOB HA4YaJIbHOW IIKOJIBI.

[Tpodeccop XK. IlaBuueBnu sBaserca MHorue roabl IIpencemarenem ®opyma
YHHBEPCHTETCKUX NpodeccopoB u uccienopareneid Yeproropun. OH HarpaxaéH BBICITUMH
Harpagamu: “13 jul”, “19 decembar”, “Oktoih”.

B nocnenyromue yetsipe roga ¢ 1984 mo 1987 rr kaHIuaaTCKUE aUCCEPTAIIUU 3aIUTHIH
elle MiATh YYacCTHUKOB ceMHuHapa: cTaxép u3 Cupum A6ny Anp Paxman Xacan (Abdu Al
Rahman Hassan) - B mapte 1984 rona; acnmpant mexmarta Urops bopucoBndy OmkuH - B
anpene 1985 rona; acnupant mexmara Cepreit Bnanumuposuu Kpasues - B utone 1985 rona;
BbIMYCKHUK MexMarta, acnupanT MOIIN um. H.K. Kpynckoii lllamune AnacoBuu MaxmyToB -
B utoHe 1985 rona; acnupant Mmexmata Anekcanap AHaToibeBud Cumynies - B jekadpe 1987
roja.

B mmcceprammn A.P. Xacana wu3ydaroTcsi TpejeibHbIE MHOXKECTBa (DYHKIUIM OAHOTO
KOMIUIEKCHOT'O IE€PEMEHHOIO BJIOJIb KacaTeIbHBbIX T'PAaHUYHBIX IyTeHl C NPOU3BOJILHOMN
dbyHkueil moaxona K rpanuie. B ompenenéHHOM cMmbicie B HEH MOJBOAMTCS HEKOTOPBII
UTOT WCCIICOBAHUAM CTPYKTYPBI TPAHUYHBIX OCOOCHHOCTEH, MOPOKIAEMBIX IMPEISIbHBIMA
MHOXECTBaMHU IPOM3BOJbHBIMH U MEPOMOP(HBIMU B OJHOCBSI3HBIX 00JIACTSX KOMIUIEKCHON
wiockoctd  pyHkmusamu. Cioydail HeKacaTelbHOTO IMOAXOJa K TpaHUIE SBISETCS
KJIACCUYECKHUM; IOCTUTHYTHIE 371€Ch PE3yJIbTaThl H3N0KeHbI B MoHOTpadusix WM. [Ipusanosa
(1941 r., 1950 1.), K Hocupo (1960 r.; pycckuit nepeson - 1963 r.), O Kommmnrsyna u A.
JloBatepa (1966 r.; pycckuii mepeBon - 1971 r.). U3yuancs Takxke ciaydyail KacaTelabHOTO
MOJIX0/1a CTETEHHOro Xapakrtepa. st mpou3BONBHOW (PYHKIMHM IMMOAXOJa B JWUCCEPTAIHU
BBIJICJIAIOTCS JIBa KJlacca KacaTeNbHBIX I'PAHUYHBIX IyTeH, MOPOXKIAEMbIX ITOM (QyHKLUEH,
KOTOpBIE COBIAJAIOT TOJIBKO JUUISl CTENEHHBIX (QYHKIUHI moaxoja. B kaxaom n3 3TUX Ki1accoB
CTPOUTCSI CBOSI TEOpHs TPAHUYHBIX OCOOCHHOCTEH M YyKas3bIBaeTcs TOT M3 KIAccoB, IJis
KOTOPOTO COXpaHsieTcsl OOJBIIMHCTBO pE3yJbTaTOB OTHOCSILUXCS K HEKAacaTeJIbHOMY
noaxony K rpanuue. IlocTtpoeHsl nmpuMepsl, yKa3blBalOIME€ HAa OKOHYATEJbHBIM XapakTep
pe3yNbTaToOB AUCCEPTALUH.

HauaBmiasca B Hamieil ctpane ‘“‘mepectpoiika” moBnusiia Ha cyasOy A.P. Xacana: oH
nepecrai 3aHUMAaThCsl MATEMaTUKOM, MOCBATUB ce0s1 KOMMEPUYECKON EATENIbHOCTH B HAllEH
ctpane. O ero noyokKeHUH B HACTOSAIMNA MOMEHT MHE HUUYETO HE U3BECTHO.

B nucceprauuu M.b. OmkuHa noka3aH npu3HaK HOPMaJbHOCTH CEMENCTBA FOJOMOPPHBIX
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(GyHKUMH, KOTOPBI COCTaBUJI OCHOBY HOBOT'O IUIOJOTBOPHO Pa3BHUBAaEMOI'0 HAIPABICHHS B
TEOPUH HOPMAJIbHBIX CEMENUCTB aHAIUTUYECKUX (DYHKIMH, KaK 3TO OTMEYEHO B MOHOIrpaduu
HoBo3enanackoro maremaruka Jx. [ludda (Joel L. Schiff. Normal families. 1993. Springer-
Verlag, New York, Inc. p.133, 151). Jlpyroii 3amedarenbHbIii pPE3yJbTaT COCTOUT B
3HAYUTEIbHOM YTOYHEHMM HI)KHEH OLEHKHA KJIACCHMYECKOM KOHCTaHThl broka mid
MepOMOp(HBIX (YHKIMA B 3aBUCUMOCTH OT pocTa 4YMciIa TOYEK JIOKAJIbHOU
HEOJIHOJINCTHOCTH.

Bo BrTopoii uWacTu JauccepTalMu  JOKAa3aH HEOXKHUAAHHBIA KPHUTEPUH HOPMAJIbHOCTH
MepOMOpP(DHBIX (QYHKIHMA OTHOCHTEIHHO MapabOIMUECKUX U THIEPOOTMYECKHX MOATPYIIT
KOH(OPMHBIX aBTOMOP(}U3MOB €IMHUYHOIO KPyra B TEPMUHAX HEMPEPBIBHOTO MPOIOJIKEHUS
B TOYKM NPOCTPAHCTBA MaKCUMAIIbHBIX HeanoB anredpsl H”. YcraHoBIeH Takke KpUTEpuii
a0COTIOTHON THUIEPHOPMAIBHOCTH MEPOMOP(GHON (PYHKIMHM OTHOCHTEIBHO MPOU3BOJIBLHOTO
ceMelcTBa aBTOMOP(PHU3MOB.

B nmanpneitimem W.b. OmkuH nepemén B apyrue o0NacTH MaTeMaTHYECKOW HAyKH M €ro
paboThI IO CUX HOP OCTAIOTCS 3aKPBITHIMHU.

Huccepranus C.B. KpaBieBa oTHOCHUTCS K €II€ OTHOMY OpUTHMHAJILHOMY HalpaBlIEHUIO B
pabote cemuHapa. B Hell u3yuaroTcs cBoiicTBa (hyKCOBBIX I'PYyMIl U aBTOMOP(HBIX PYHKLUH U
dopM, mopokgaeMbIX TakuMu rpynnamu. DykcoBoil TIpynmoll TpagULMOHHO HAa3bIBAIOT
Pa3pbIBHYIO MOATPYMITYy IPYMIbI ABMKEHUH ABYMEPHOrO TMIEPOOIMUYECKOro MPOCTPAHCTBA.
B xauecTtBe Mozi€IM TAaKOTO MPOCTPAHCTBA OOBIYHO MCIONB3YIOT OTKPBITHIN €IUHUYHBIN KPYyT
Ha KOMIUIEKCHOM IUIOCKOCTH, B KOTOPOM pACCTOSSHUE MEXKIY TOYKAMH H3MEpSeTCs B
runepooInveckor MeTpuke (Mozens miockoctd B reomerpun H.M. Jlobauesckoro). B atom
ciydae (yKCOBBIMM TpyINIaMM CIyXaT JIUCKPETHbIE MOArPYMIbl TPyNIbl KOH(GOPMHBIX
aBTOMOp(U3MOB Kpyra. OHON U3 BaXXHBIX XapaKTEPUCTUK (PYKCOBBIX TPYIIT B ATOH MOJIEIH
SBJISIETCA CKOPOCTh POCTa CUMTarolied (PyHKIUM UX OpOUT, MOCKOJIBKY OT €€ MOBEICHMS
3aBHCAT MHOTHE Ba)KHBIE CBOMCTBA, KaK caMoOil (DyKCOBOH TIpymIbl, TaKk W aBTOMOP(QHBIX
OTHOCUTENIbHO Tpymnibl ¢GyHKuMA u ¢opm. I[losToMy Ha mosydyeHHe OLIEHOK pocTa U
ACHIMIITOTUKY CUYHTAIONICH (DYHKIIMY OBUIA HAIPABJICHBI YCHIIUS MHOTUX MaTEMAaTUKOB, CPEIN
kotopbix M. Llyazu (M. Tsuji; 1959), C. Xy0Gep (S. Huber; 1959), I1. Hukomic (P.J. Nicholls;
1974, 1977, 1981), C. Marrepcon (S.J. Patterson; 1957), 1 Jlenep (J. Lehner; 1977). C.B.
KpaBueBy npuHa IexkHUT HOBas OLEHKA, CHpaBeJIMBas JUIsl MIMPOKOIo Kiacca (hyKCOBBIX
rpynmn. OTa OlLIEHKa MO3BOJIWJIA €My IOJIyYMTh HOBBIE PE3yJbTAThl O MOCJIEI0BATENBHOCTSIX
TEHIOPOBCKUX KO3 (duULMeHTOB aBTOMOp(HBIX (yHKIMI U (opMm, a TakKe YTOUYHUTH
HEKOTOPbIE TEOPEMBI BIIOKEHUS A (QYyHKIMOHAJIbHBIX MPOCTPAHCTB, 00pa3yeMbIX TaKUMHU
00BEKTaMHU.

C.B. KpaBues uccneoBasl Takke reOMETpUUECKHE CBOMCTBA (hyKCOBBIX TPy 0COOOTO
TUNA - TPYII C MACCUBHOW (yHIAMEHTAIbHOM 00JacThlO, BBIIEIEHHBIX B HCCIEIOBAHUAX
¢urckoro maremaruka P. Aymackapu (R. Aulaskari, 1978). C.B. KpaBueB mpemmoxu
paccMaTpuBaTh HOJKIAcC (YKCOBBIX TIPyHNl C PAaBHOMEPHO JIOKaJIbHO-KOHEYHOM
dbyHaaMeHTaNbHOM 007acThlO, KOTOPBIM OKaszajcsi Imupe Kiacca AyJacKpud TPyl C
MacCUBHOM (yHIaMEeHTalnbHOM 00J7acThi0, HO COXpaHAET MHOTME HHTEpecHbIE CBOICTBa
TaKUX TPYIIIL.

B auccepranuu mpogomkensl HadaTtele A. beapmonom u II. Huxkomncom (A.F. Beardon,
P.J. Nicholls; 1982) uccnemoBanust 0 CTPOCHUH TMPEIEIBHBIX MHOKECTB (DyKCOBBIX Tpyri. B
YaCTHOCTH, B HEH YTOUHEHBI TOIOJOTHYECKHE W METPUYECKHE pa3Mepbl 0co0oro
MOJIMHOKECTBA TPEAEIBHOT0O MHOYKECTBA - MHOYKECTBAa TOUYEK ['apHeT, 0 KOTOpoM ObuLIO
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u3BecTHO U3 paboT A. beapmona u 1. Hukkosca, 9T0 0HO UMEET NTUHEIHYIO J1e0eroBy Mepy
Hynb. C.B. KpaBuer nokaszai, 4To MHOXECTBO TOYEK ['apHeT 0053aHO OBITh G-TIOPHUCTHIM
MHOecTBOM B cMbicie E.II. Jlomxenko. Kpome Toro, mosydeHbl HOBBIE XapaKTEPUCTHKHU
JPYTUX MOAMHOKECTB MPEAEIBHOIO MHOKECTBA B TEPMUHAX TOMOJOTHMYECKOTO CTPOCHHUS U
émkocreit. Tloctpoensl mpuMmepbl (YKCOBBIX I'PyNIl M aBTOMOPQHBIX (OPM OTHOCHUTEIHHO
TaKUX Tpynn, oOJajalolue HEOpAUHAPHBIMM M HHTEPECHBIMH  TOIMOJIOTMYECKUMU
CBOMCTBaMH.

[Tocne oxonwanus acnupantypsl C.B. KpaBuer mnpenomaét nHa wMexmare MIY;
oy 0sinkoBai okoio 30 cTareii U KHUT.

B muccepramum III.A. MaxmyToBa TOIPOOHO HU3YyYarOTCS KIAcChl W) MepoMOpQHBIX
GbyHKIUI HAa KOMIUIEKCHOHN MJIOCKOCTH U B €IMHUYHOM KpyTe, B KOTOPBIX POCT PETyIUpPyeTCs
MIOCPEJICTBOM TPOM3BOJILHOW TMOJOXKHUTEIBHON uncinoBoi (yHkimu h(x), onpenenéHHOM,
COOTBETCTBEHHO, MO0 HA MPOMEKYTKE YHCIOBOM OCHU OT HyJsI 10 +0o, THOO Ha OTpE3Ke OT
HYJISL IO CIUHUIBI, U OSCKOHEYHO Mayiol mpu x — +oo, mubo npu x — (0+. HauvanbHble
pe3ynbTaThl B O00OMX KjaccaX, MOJy4YeHHbIe, COOTBETCTBEHHO B TepmuHax Mh- u ph-
MoCJIeI0BaTeNbHOCTEN U Py- M pp-Tiocie1oBaTeIbHOCTEM, aHOHCUPOBaHBI B cTaThix Gavrilov
V.I.// Amer. Math. Soc. Abstracts , 1969, v.16. p. 11 u Gavrilov V.I.// Amer. Math. Soc.
Abstracts , 1969, v.16. p. 568. [lns crenennsix GyHknuid h ¢ mokaszarenem crerenu p ) 1
k1accel Wp, Kak oTMedanoch, usydanuchk panee B.M. T'aBpuioBsmm (1965 r.) m K.O.
Kyp6anosemm (1974 t1.). B ciywae mimockocTa U p = [, 2 moiydaeM KJIacC MepOMOpQHBIX
byHkuii, uckimounTenbHbIX B cMbicie JKromua (G. Julia, 1924), u kmacc K. Hocuast (K.
Yosida, 1934), a B cirydae kpyra u p = [ - KJJacCC HOPMJIBHBIX MEPOMOP(GHBIX (DYHKITHIA.

B guccepraumm, kak s IJIOCKOCTH, Tak MW Uil Kpyra JOKa3aHbl KpPUTEPUH
NPUHAICKHOCTH QYHKIN Kinaccy W), OCpencTBOM yCIIOBUS Ha TOCIEJ0BATEILHOCTH HX O-
TOYEK, a TaKkKe KPHUTePUl HOPMAIbHOCTH MepoMopdHON GyHKIMU B TepMUHAX
PaBHOMEpPHOTO pOCTa €€ HEBAHJIMHHOBOM XapaKTepUCTHUECKOM (YHKIHUHU. Y CTAaHOBJICH
KpUTEpUN MPUHAIIICKHOCTH MepomopbHO (yHKUMU Kiaccy W), B TepMHUHAax CBOMCTBa
HOPMAJIbHOCTH TOPOXKIAEMBIX €H0 ONpEeAENEHHOrO0 BHAA IOCIEN0BaTeNbHOCTEH (DYHKUINM.
[locnenHuii KpuTepwil MO3BOJSET BBIICIUTh M JACTAIBHO M3Yy4YUTh B Kiaccax W,

ONIPEACIIEHHBIC TOAKIACCHI Who .BriepBpie ykazaHbl NPWIOKEHUS HU3JAaraeMoll TEOpHUH K

WU3YUYEHUI0O MEpPOMOP(MHBIX pEIICHUH OOBIKHOBEHHBIX aU(GEepeHIINAIbHBIX YPaBHCHHM:
IIPEIJI0KEHBI YCIOBH, IIPU KOTOPBIX 3TH PELICHHs IPUHAMIEKAT Kiaccam W, u Wpo .

Hurepec k knaccam W, (ocobeHHO K W),) BO3HUK Yy OTEUECTBEHHBIX U 3apyOEXHBIX
MaTeMaTHUKOB cpa3y TOCie UX BBeACHUs; oTMeTuM MMeHa ['.A. bapcersina, A.A. Tonbabepra,
A.H. Kanaraukopa, I Bunxnepa (J. Winhler), T. Jzunno (T. Zinno), C. Smacutsr (Sh.
Yamashita). Kinaccet Wp usydanucek ¢ nosunuii HectannaptHoro ananusa (K.D. Stroyan. //
Proceedings Non- Standard Anal., Amsterdam - London, 1972 , h. 47-64). Pa3BuBas
U3JI0)KCHHYIO BBIIIC KiIacCH(PUKANUIO MepOMOPPHBIX (YHKIMA HA TUIOCKOCTH, SITOHCKHN
marematuk X. Mocuma (H. Yoshida, 1976) mpeanoxun u u3y4dusn cBOE pa3OMEHHE TaKUX
¢yHKIMH Ha QYHKIIMH IIEPBOTO U BTOPOTO THIA B cMbiciie ['aBpuiioBa. CrieyeT cka3aTh, 4TO
B CTaThsiX 3apyOCKHBIX aBTOPOB IMOYTH IOCTOSIHHO HCIIOJIb30BAJIaCh MHAs TEPMUHOJIOTHS:
BMECTO KJIaccoB W, B Kpyre HCIOJIb30BalCd TEPMHH G-HOpPMalbHbIe (DYHKIHH, BMECTO
KiaccoB W, - TepmuH g-HopmanbHbie pyHkimn (R. Aulaskari, J. Réttyd // Michigan Math. J.,
2011, v. 60, p. 93 - 111). U tonbko Hemenkuit matemaTuk H. Illtennment (N. Steinmetz //
Journal d’Analyse Mathematiques , 2012, v.117, no.1, p. 347-404) ucrnoyib3yer 0003HaUCHUE
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W, s KiaccoB, KOTOPbIM, KaK OH JOKa3bIBacT, NPHHAMICKAT MEPOMOP(HBIC PELICHUS
nuddepeHnranbHbIX ypaBHeHui [1enneBe.

B panpmeiimem III.A. MaxmyTtoB mnpenonasan B balIKMpckoM rocyJapCTBEHHOM
negarorudeckoM uHCTHTYTEe (r. Yda) m B Y(PUMCKOM TOCYyAapCTBEHHOM aBHUAIIMOHHO-
TEXHMYECKOM yHuBepcurere. B 1993-1997 rr oH mnpoxoaun HayuyHyH CTaKUPOBKY B
Hokkaido University, Sapporo, Japan, tme B 1997 romy 3ammuTui  guccepTaiyio Ha
conckanue yu€Hou crernenu Doctor of Science. B HacTosiiiee BpeMs OH 3aHUMAET MO3UITUIO
Associate Professor B Cynran KaOyc VYumBepcutere B OMane, SBISICTCS NPU3HAHHBIM
CIEIMAIICTOM B 00JIACTH KOMIUIEKCHOTO aHaln3a, UMEIOIIUM OPUTUHAIHHBIC H COBMECTHBIE
nyOnukanuu ¢ matemarukamu CIIA, Ounnsaaaum, SAnoHun u qpyrux CTpaH, NOJyYaroluM
OpUITAIEHUsT JUIsl YTeHUs JIeKIMA OT MHOTMX YHHBEPCHUTETOB MHpa, YYaCTHHK
MEKTyHAPOJIHBIX MAaTEMaTHUECKUX CHhE3/I0B U KOH(PEPEHITHH.

Hucceprammuss A.A. CumymieBa COIEPXKUT TIyOOKHE HCCIEIOBAaHUS HOPMAalbHBIX
KBa3UMEPOMOP(PHBIX OTOOPAKEHH B EBKIMIOBBIX IPOCTPAHCTBAX R', n>3. Cuauana
paccMaTpuBalOTCs KBa3UMEPOMOP(HBIE 0TOOpaKEHUs, ONpeIeTICHHbIE B €TUHUYHOM IIape U3
R', n>3, 11 KOTOPBIX CBOMCTBO HOPMAJIBHOCTH €IIE B NPEABIIYIIMX PaboTax (PMHCKOTO
marematuka M. Byopunena (M. Vuorinen, 1980) onpexnensiercs uyepe3 rpymnimy
aBToMopdusmoB 1mapa. A.A. CuMyIIeB [TOKa3bIBaCT 3/1€Ch TPHU KPUTEPHS BBITTOJHCHUS
CBOMCTBa HOPMAIILHOCTH, aHAJIOTHYHBIC H3BECTHBIM KPUTEPUSIM TSI MEPOMOPGHBIX (QyHKITUH
KOMILIeKCHOTO miepemeHHoro. [lepssiii - ananor kpurepus O. Jlexto u K.W. Bupranena (O.
Lehto, K.I. Virtanen, 1957); BTopoii - ananor kpurepus A. JloBarepa u Kp. [Tommepenke
(A.J. Lohwater, Ch. Pommerenke, 1973); tperuii - anajor kputepus B TepMuHaxX P -
nocinenoBarensHocTeil (B.W. I'aBpunos, 1963); npu sTom nousitue P -mocrnenoBarenbHOCTH
JUISL IPOCTPAHCTBEHHBIX KBa3UMEPOMOP(HBIX 0TOOpaXkeHUI BBOAUTCA B AuccepTanuu. [lanee
paccMaTpUBalOTCS KBa3MMEPOMOP(HBIE OTOOPaKEHUs, ONpeAeNEHHbIE B MPOU3BOJIBHBIX
OTpaHMYEHHBIX o0nacTaXx B K, n >3, rpynmsl aBTOMOPGHU3MOB KOTOPBHIX TPHBHAIBHbIC.
CBOMCTBO HOPMAJIBHOCTHU JJISI KBA3UMEPOMOP(HBIX OTOOPAKEHUM TaKUX 00JacTel BBOAUTCS
MOCPEJICTBOM HCHOJB30BaHUSI B KayeCTBE OIPEACIICHUS] TPEThEro W3 YKa3aHHBIX BHIIIE
KpUTEpUEB HOPMAJbHOCTH, YTO TO3BOJSET PACHPOCTPAHUTh HA JTOT CIy4ail U BTOPOI
KpUTEpUl HOpMalbHOCTU. OTMEUy TaKKe M3SIIHBIN JOKAJIbHBIM KPUTEPUIl HOPMAIbHOCTH
cemeiicTBa K - KBa3sMMepOMOP(HBEIX OTOOpaKeHHMil B TOUKE MPOM3BONBHOH 06macTH B K,
n>2, CyIIEeCTBEHHO YCWIMBAIOIIUNA pe3yjbTaT amepukaHckoi ydeHor P. Munésun (R.
Miniowitz, 1982).

Bo BTOpo# TiaBe amMccepTalMd H3Yy4YarOTCS ACUMIITOTUYECKHUE CBOWCTBA HOPMAaJIbHBIX
KBa3uMepoMOp(hHBIX oToOpaxeHwit. CHauama  paccMaTpuBaeTcs Clay4dail HOPMAaJbHBIX
O0TOOpaXeHU, onpeAenEéHHbIX B €AMHUYHOM IIape, U JI0Ka3bIBaeTCs TeOpeMa THIa TEOPEM
Jluanenédpa (E. Lindelo™f, 1915), xorma cymiecTBoBaHHME TMpejaesia OTOOpaXKECHHs TI0
CPaBHUTEJIBHO “TOIIEMY’ MHOXECTBY TOYEK, HAKATUIMBAIOIIUXCS K TOUKE CAMHUIHON CEpHI,
BJICYET CYILIECTBOBAHHUE PABHOI'O €MY Ipejielia M0 KOHYCaM C BEpIIMHAMH B TPAHUYHOM TOUKE.
3areM paccMaTpUBAIOTCS HOpMalbHbIE KBa3UMepOMOp(hHBIE 0TOOpaXKeHUs, ONpeieIEHHbIE B
TIPOM3BOIBHBIX OrPAHMYEHHEIX 061acTsaX B K, n > 2. UT06BI pacpoCTPaHHUTh HA ITOT CITydaii
TEOpeMy, TOKa3aHHYIO JJIs I1apa, aBTOpP BBOJUT HOBBIE NOHATHSA KPHUBOJIMHEWHOTO YIJa U
E€MKOCTHO! IMJIOTHOCTH MHOXECTBA OTHOCHUTEIBHO KPHBOJMHEHHOIO yria, Mepexojsuiue B
Ciy4ae Ilapa B U3BECTHBIC IOHATHUS KOHYCa W HIKHEH EMKOCTHOM INIOTHOCTH MHOXKECTBA.
[TomyyaeMoe mpu 3TOM YTBEPXKACHHUE COACPKHUT M YCHUIMBAET BCE H3BECTHBIE O 3TOTO
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pOACTBEHHBIE pe3yibTarel. (Ciexyer OTMETHTb, 4YTO B  JIOKa3aTeNbCTBaX OOOUX
INPOLMTUPOBAHHBIX YTBEPKACHUN CYIIECTBEHHO MCIIOJIBb30BaHbl PE3yJbTaThl MOHOrpaduu
Amnatonmus BukropoBuua CpruéBa “Moaynu M TPOCTPAHCTBEHHBIE KBAa3UKOH(OPMHBIC
otobOpaxkenus.” - HoBocubupck, Hayxka, 1983, 152 c.

B Tperpeii rmaBe auccepTalMU  OKa3aHbl JIBE TEOPEMBbl E€IWHCTBEHHOCTH  JUIS
IPOCTPAHCTBEHHBIX KBAa3UMEPOMOP(HBIX OTOOpPaXKEHUH, YCHIMBAIOIUX COOTBETCTBYIOIIMN
pe3yJIbTaT MPU3HAHHBIX B 3TOH Teopun puHCcKux MatematukoB O. Maptuo u C. Pukmana (O.
Martio, S. Rickman, 1972) mo nBym HampaBieHUsM: 1) pacmmpsieTcsl KJIacc TOMYCTUMBIX
oroOpakeHMi; 2) yCTpaHseTCs YCIOBHE CYLIECTBOBAHMS pPaJUAIbHBIX  IPE/EIOB
OTOOpakKeHH.

K 6onbmiomy coxanenuto, A.A. CumylieB OmyOJUKOBaJl B OTKPHITON Me4YaTH TOJBKO
AQHHOTALlMU CBOMX Pe3yJbTaTOB 0€3 J0Ka3aTenbCcTB. BO3MOXKHO MO 3TOM MpUYMHE MHOTHE €T0
pe3yJbTaThl B JAJIbHEHINIEM NIepe0Ka3bIBAIUCH 3apyOeKHBIMI MaTeMaTUKaMU 0e3 CCbUIOK Ha
HavalbHBI NCTOYHMK. [TomokeHne, Ha MOM B3TJIS/I, MOXKET UCIPABUTH IyOJMYHOE M3aHHE
nucceprauu A.A. Cumymiesa.

B mnacrosimee Bpemsi A.A. CumymieB mnpenoga€t B MOCKOBCKOM JDHEPTreTHYECKOM
UHCTUTYTE, SBJISETCS aBTOPOM MHOTMX Y4EOHBIX TOCOOMH IO By30BCKOM TeMaTHKe.

B Ttpynueie ronel koHma 80-x m B 90-e cemuHap cTaj pe3ko cokpamarbes. 3 Hayku
YXOIWIM MHOTHME CIIOCOOHBIE MOJIOJBIE JIIOJU, UMEIoIue Jaxe myOnukanuu, kak E.O.
bypkoBa, JL.M. l'amxyna, craxép u3 BrerHama Bo Kum AHp (mocnenHuil, BO3MOXHO,
3alIUTHI JUccepTaluio Ha poauHe). [Iponomkunu yuyactue B paboTe ceMHHapa U 3alUTHIN
KaHAUJIaTCKue aucceptramuu: craxép u3 Apmenun OranecsH XXopa CapubexkoBud - B
okTsi0pe 1990 rona; craxép u3 benuna Aitnre Anbdonc (A. Ayite, Benin) - B mapte 1992
roja; Gonarapckuil cTyeHT u acrnupaHT mexmara CraneB Maptun AtanacoB (M.A. Stanev;
Bulgaria) - B mae 1993 rona; craxép u3 Cenerana bappu bybakap (B. Barry, Senegal) - B
ampesie 1997 rona.

U, kak nap HebGec, B caMble TpyJHbIE rojbl cepeauHbl 90-X B ceMuHape cran paboTaThb
OJIMH M3 CaMBIX TAJAHTIMBBIX 32 BCE BpEMs CYIIECTBOBAHUS CEMHHApa YYAaCTHHK - CTYJCHT
TpeTbero Kypca Mexmara Anekceil Bnaaumuposuu Cy000THH, 3alIUTUBIINM KaHIUIATCKYIO
nuccepTaiuio B aexkadpe 1999 roga HakaHyHe CBOETO JIBAIIATUIIATHICTHS, U OCTABICHHBIN
IUtst paboThI Ha (aKyIbTeTe.

B nucceprauun X.C. OranecsiHa mpojaoikeHo HayaToe B aucceprauuu A.P. Xacana
U3yueHHe NpeeNbHbIX MHOXECTB (YHKIMHA BAONb KacaTeIbHbIX TI'PaHMYHBIX MyTeH ¢
pOM3BOJFHON (YyHKIMEH moaxona K rpanuie. [lepBas e€ riaBa COAEPKUT pPe3yNbTaThl O
CTPYKTYpE TPaHHYHBIX OCOOCHHOCTEH, aHAJOIMYHbIE COOTBETCTBYIOIIMM pe3yJjbTaTaM U3
nuccepranuun A.P. Xacana, HO TNOJlydeHHBIE I MPOU3BOJBHBIX MHOKECTBEHHO3HAYHBIX
byskuii ¥ 11 GyHKIME moaxoaa h u3 6ojee MIMPOKHUX KIACCOB KBA3HUBBIMYKIBIX U 1200
KBa3WBBIMYKIBIX (QyHKIUH. [JI1 OLEHKHM HMCKIIOYUTEIHHBIX MHOXKECTB Ha TPAHUIE aBTOP
BBOJUT HOBOE TMOHATHE Gh-MOPUCTOCTH MHOXecTBa. Bo BTopoll rnaBe auccepranuu
U3yYalOTCsl TpeAeTIbHBIE MHOXKECTBA M TPaHHYHBIE OCOOEHHOCTH 3KBUMOP(HBIX (DYHKITHIA.
3nech pe3yabTaThl qucceprauuu X.O. Mexusl, yCTaHOBJICHHbIE I SKBUMOPQHBIX (QYHKIMHA
110 HEKACaTeIbHBIM IPAHUYHBIM Iy TSIM, PaCIPOCTPAHSIOTCS HA CIydai KacaTelbHbBIX IyTeH C
IPOM3BOJILHON BBIMYKIION (yHKIMEN moaxoja K rpanune. Ha 3ToT ciydaii pacnpocTpaHeHsbl
Takke pe3yibTarbl cratbu Abdu Al’Rahman Hassan, V.I. Gavrilov, “The set of Lindelo™f
points for meromorphic functions” // Matemarnuku Becnuk, 1988, kuura 40, cecHa 3-4,
181-184. B nacrosimee Bpems JK.C. OranecsiH npenonaér B oqHoM u3 EpeBaHCKUX BY30B.
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B nuccepranmm A. Alute wu3y4arorcs MepoMopdHbBIE U ToJoMopdHBIE (DYHKIUH,
oOpa3yronie HopMajbHble CEMENCTBA OTHOCUTENBHO MPOU3BOJIBHON oArpynnsl G rpynmnsl 7'
KOH(OPMHBIX aBTOMOP(HU3MOB €IUHHUYHOIO Kpyra Ha KOMIUIEKCHON IUIOCKOCTH: 0003HAYUM
MHOKECTBa TakuX (yHKIHA cUMBOIaMu Ng U Bg cooTBeTcTBEeHHO. [l0oiTydeHHBIE pe3yIbTaThl
0000IIAal0T HCCIIEZIOBAaHUSI MHOTHX aBTOPOB, OTHOCSIIMECS K ciydasMm, korga G —
runepooauveckas win napadbonnyueckas noArpymnmna. B mepBoii rmase quccepranuu A0Ka3aHbl
TPU KpUTEPUS TMPUHAICKHOCTH MepoMophHON PyHKIUN MHOXKECTBY NG B TEPMHHAX POCTa
chepryeckol MPOU3BOHOMN, CYIIECTBOBAaHUS P — IMOCIEeNOBaTeIbHOCTEH U MHTETPaIbHBIN
KpUTEpUH, SBISIONUNCS HOBBIM Jaxe B ciydae, korna G = T (T.e., A HOPMAaTbHBIX
MepOMOP(HBIX PYHKIHUI); aHATIOTHYHBIA UHTETPATBLHBINA KPUTEPUH JOKa3aH ISl HEKOTOPOTO

eCTECTBEHHOTO TOMHOXKeCTBA N B NG. YCTaHOBJIEHbI TaKke KPUTEPUIl TIPUHAIEKHOCTH

rojoMoppHON (yHKIMU Kiaccy Bg B TepMUHAaX pocTa €€ MPOM3BOIHOW W WHTETPAbHBIH
MpPU3HAK, paHee HE OTMeuaBIIMiics aaxke B ciaydae G = T (T.e., misa dyHkumid bioka);
AQHAJIOTUYHBIM MHTETPAIbHBIM KPUTEPHUM JOKa3aH Il HEKOTOPOrO0 €CTECTBEHHOIO IO
MHOKecTBa B{, B Bg.

Bo BTOpoOIii ri1aBe quccepranuu U3ydaroTcs (yHKIMOHAJIbHBIE CBOWCTBA BO MHOXECTBE B¢
U MOJMHOKECTBE Bg. Ha B BBOOWTCS MHBapuaHTHAs HOPMA, OTHOCHUTEIIBHO KOTOPOM, Kak
JIOKa3bIBaeT aBTOp, B 00pa3zyeT MoJHOe HOPMHUPOBAHHOE, T.€., OaHAXOBO MPOCTPAHCTBO, a
B! sBnsieTcs 3aMKHYTBIM cenapabebHbIM MOANPOCTPAHCTBOM B Bg, COBNAJAIONIMM C
3aMBIKaHUEM IIOJIMHOMOB B TOIIOJIOTMH, IIOPOXKACHHOW HOPMOM B Bg. JloKa3bIBaeTcs Takke
KpUTEPHUIi PUHAIEKHOCTH TOIOMOP(HO# QYHKIMK NOATPOCTPAHCTBY B, , IEpeXOsIIuUiA B
cinydae G = T B kputepuit [x. Aunepcona, Jx. Kinynu, Kp. ITommepenke (J. M. Anderson, J.
Clunie, Ch. Pommerenke, 1974). B nacrosmee Bpemsi A. Ainre mpenonaér B OJHOM W3
yHuBepcuTeToB MoHpeans B Kanaze.

B nmuccepramuu M.A. CraHeBa mNpoOAOIKEHO JaldbHEHIIEe pa3BUTHE HAMPABICHUS,
CBSI3aHHOT'O C MPUJIOKEHUEM METOJI0B (DYHKIIMOHAJIBLHOIO aHajJIM3a K 3a7ayaM KOMIUIEKCHOTO
aHanu3a. PasBuBas meroauky auccepranmuu JK. Maiiepa, aBTop IOJIy4aeT IOJHOE ONMUCAHUE
U30METPUUYECKUX  HM30MOP(U3MOB  PABHOMEPHBIX  IMPOCTPAHCTB  (T.6.,  3aMKHYTBIX
HOJIMPOCTPAHCTB HOPMHUPOBAHHOTO IMPOCTPAHCTBA HEMPEPHIBHBIX KOMIUIEKCHO3HAYHBIX
¢GyHKkuMit) Hax xaycnophoBBIMH KOMITAKTaMH IOCPEICTBOM H3yueHMs, Kak U y Maiiepa,
HeKoTopol 4yactu rpaHuubl llloke eauHMuYHOro mapa B CONPsDKEHHBIX NPOCTpaHCTBaxX (a
UMEHHO, MHOXECTBAa TOYEK MHMKa). 3aTeM JOKa3blBAlOTCS INIyOOKHE TEOPEMBI,
XapaKTepU3yIOlue H30METPUYECKHEe H30MOP(PHU3MBI BECOBBIX OaHAXOBBIX IMPOCTPAHCTB

ronoMophHBIX QYHKIHiT MeIeHHOTo pocTa B mape u3 C', n > 2.

B konue 90-x ronoB M.A. CraneB npenojaBan B Coduiickom YHuBepcurere, boirapus;
ceryac ero noJIoKEHUE MHE HE U3BECTHO.

Huccepranusa bappu b., cocrosmas U3 IByX 4acTed, COAEPKUT NallbHEHIIEE pa3BUTHE
BBen¢HHOro A.H. KaHAaTHUKOBBIM TIOHSATHS TIPEACIBHOIO MHOXECTBa MepoMOphHOI
(GYHKLIMU 110 TOCIeI0BaTeNbHOCTAM KOMIAakToB. B pabotax A.H. KanaTHukoBa 31O moHsTHE
UCIIOJIB3YETCS B Cllydae HEKacaTelIbHOIO MOJAX0a K I'paHuIe. B mepBoi yactu auccepranuu
paccMaTpuBaeTcsl BBeIEHHas paHee B auccepraunu A.P. XacaHa reoMeTpust KacaTeJIbHBIX
IPAHUYHBIX KPUBBIX B EIUHUYHOM Kpyre, oInpenenseMas I0CPEACTBOM IPOU3BOJBHON
(GYHKLIMU MOJIXOAA, U B 3TOM T'€OMETPHUM JI0KA3bIBAIOTCS TEOPEMBI O MaKCUMAJIbHOCTH IS
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IpEIEIbHBIX MHOMECTB [0 IOCJIEJOBATEIbHOCTAM KOMIAKTOB (A7 S-MHOXECTB B
TEPMHUHOJIOTHM JHCCEpPTAIlM). Y CTAHOBJIEHA XapaKTEpUCTUKAa TPAHUYHOTO MHOXKECTBA
MaKCHMaJIbHOW HEONPEAECNEHHOCTH B TEPMHMHAaX S-MHOXKECTB M IPOBEIEHO CpPaBHEHUE
TPAHUYHBIX MHOKECTB OTHOCUTEJIBHO UX S-MHOKECTB U MOJIHBIX IIPEAEIBbHBIX MHOKECTB.

Bo BrOpoifi uWacTM  JguccepraluMu  IOHSATHE  IPENEIbHOIO  MHOXECTBA IO
MIOCJIEIOBATEILHOCTSIM ~ KOMITAKTOB ~ PAcHpOCTPaHSAETCS  HAa  MHOXXECTBEHHO3HAYHBIE
OoTOOpaKe€HHsI B TOIOJIOTMYECKHE IPOCTPAHCTBA M B OTMEUYEHHOH BBIIIE TE€OMETPUU
KAacaTeJlbHbIX TPAaHUYHBIX IyTE  JOKa3bIBAIOTCSI TEOPEMBl O  MAaKCHMAaJIbHOCTH,
CUMMETPUYHON MaKCHMAJIBHOCTHU JUISI IPOU3BOJIBHBIX MHOKECTBEHHO3HAYHBIX OTOOPaKECHUN
B TONOJOTMYECKHE MPOCTPAHCTBA B TEPMHUHAX HOBOTO OOMIETO TOHSATHS NPEIeTHEHOTO
MHO>KECTBA. JTH TeopeMbl 0000IIAIOT HAa CIIy4ail KacaTeNbHBIX MyTeW pe3ylbTaThl CTAThU
Gavrilov V.I., Kanatnikov A.N., Pighetti C , “Ensembles d’accumulation generalice’s” //
Comp. Rendu, Paris, Ser.1, 1981, v.292, Ne 7, p. 293-296.

Bo Bpemsi cBoeit craxxupoBku Ha Mmexmare MI'Y bappu b. paboran B IlocombcTBe
Cenerana B Mockse u B 1999 roay 3amutun B Mucturyte Adpuxkun PAH xanaunarckyro
JUCCEPTALlMI0 HA COMCKaHWE Y4YEHOW CTENeHW KaHIuAaTra HCTopudeckux Hayk. Ero
MOJIOKEHUE B HACTOSIIIEE BPEMsI MHE HE U3BECTHO.

[Ipexne, yuem umznarath Hay4dHble pe3yiabTaThl A.B. Cy00oTuHa, s 00si3aH BEpPHYTHCS K
Hayajly 3THX 3aMeTOK K cioBaMm A.M. MapkymeBruya U3 MpearciioBUs KO BTOPOMY H3/IaHUIO
moHorpaduu M.U. IlpuBasioBa 0 ToMm, 4TO “U3 MEPBOHAUATIHLHOTO TeKcTa (B m3nanue - B.I'.)
Bouwto He Oonee 50%”. Temepb MOXKHO CUMTaTh MCTOPUYECKHM KazycoM, uTO AJeKcel
WBaHoBHY, cUMTAIOIUICS MEPBBIM OTEUECTBEHHBIM MAaTEMAaTUKOM, MPUMEHUBLIMM B CBOMX
UCCJICIOBAHMSIX MO0 KOMILJIEKCHOMY aHalIu3y MeETONbl (PYHKIIMOHAJIBHOTO aHaln3a, He
BKJIIOUMJI BO BTOpO€ U3JaHUE OOBEKTHl (YaCTUYHO paccMOoTpeHHble camum W.U.
[TpuBanioBBIM, CTaBIIUE HEAOCTYMHBIMH Ml 3apyOeKHBIX U TOTEPSABIIMX HHTEpEC s
OTEYECTBEHHBIX MaTEMaTHKOB), KOTOpbIE HamOOIee BOCIHPUAMYHMBEI K (DYHKIIMOHAIBEHBIM
MeTroaaM. TakoBbIMM OKa3anuch BBeAEHHbIE W u3ydeHHble M.M. IlpuBanoBbIM moakiaccsl
(GYHKIUI OrpaHUYEHHOTO BUA; OHU 3aHOBO INEpeloKa3bIBaIUCh B 70-€ To/AbI 3apyOeKHBIMU
yuéHbIMU (pa3ymeetcs, 0e3 ykazanus npuopurera V.M. IlpuBanosa). OnHoON M3 OCHOBHBIX
3aciyr A.B. Cy60oTHHa ciielyeT CIUTaTh BOCIIOTHEHHE 3TOTO mpoberna.

B mepBoil rnmaBe amccepTalMM paccMaTPUBAIOTCS H3BECTHBIE (DAKThl OTHOCUTEIBHO
OJIHOMEpHBIX KjaccoB [IpuBanoBa, a mpeaMETOM H3Yy4EHHs MPEAIaraloTcs MHOTOMEpPHBIE
knaccel  [IpuBanoBa. Jlokasanbl cBoiicTBa romoMopdHOM (QyHKIHMH, SKBHUBAJICHTHBIC
IIPUHAAJICKHOCTH Kiaccy lIpuBanoBa, ¢ NmOMOIIBIO TEXHMKH, pa3BUTOM Y. PyauHbIM B

monorpadusx (W. Rudin, 1960 u 1980) mo moiukpyry W eamHM4HOMY Imapy B C'. DTH
METOABl PAacCHpPOCTPAHAIOTCA TakXke Ha o0Iue Kiacchl TrojJoMOpHBIX  (QyHKUUH,
orpeensieMble IOCPEICTBOM MPOU3BOJIBHON HEYOBIBaIOIIEH BHITYKION (DYHKLUHU ¢(7) BMECTO
dynkuwmu @) = £, g > 1, coorBercTByromeii knaccy ITpusanosa N?. Vcramasnupaercs
takxe, 9to TeopeMa @. u M. Puccos (F. and M. Riesz, 1923) nepeHocuTcs ¢ ki1accoB Xapau
Ha MHOroMepHble Kiaccsl [IpuBanosa.

Bropas rmaBa mMeer [eI0 C TOINOJIOTMYECKMMM CBOMCTBaMM KiaccoB IIpuBanoBa B
TOIIOJIOTUH, ONPENENIEMOM eCTECTBEHHBIMH METpUKaMHU 3THX KiaccoB. Iloka3biBaeTcs, uToO
kiacchl [IpuBanioBa 06pa3yroT cenapadenbHble F' - IPOCTPaHCTBA OTHOCUTEIIBHO 3TUX METPUK
¥ OOBIYHBIX JIMHEWHBIX oOmepanuii Haja (QYHKIUSAMH H, Oojiee TOro, Takke F-anreOps
OTHOCHUTEJIBHO IOTOYEYHOI'0 yMHOXEHHUs (yHKIMd. IlogHOCTBIO OXapakTepHu30BaHbI
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OrpaHUYCHHBIC U BIIOJIHC OTI'PAHUYCHHBIC IMOJAMHOKCCTBA KJIACCOB HpI/IBaJIOBa, KaK JUHEHHO-
TOIMOJIOTHYCCKHUX IPOCTPAHCTB.

B Tperbeil rnaBe paccMmaTpuBaeTCs METpUYECKAss CTPYKTypa kKiaccoB IIpuBamoBa N u

aCCOIMMPOBAHHBIX C HHUMM MaKCHMAIbHBIX KiaccoB Ilpusamoa MY (coBmamarommx c
OObIYHBIMH KJaccamu [IprBanmoBa Kak MHOXECTBA M KaK TOIOJIOTMYECKHE MPOCTPAHCTBA).
[TonHOCTBIO OXapaKTepU30BaHbl MHOXECTBA HWHBEKTHBHBIX M TPYMIBI CIOPHEKTHUBHBIX
JUHEWHBIX M30METpHH mpocTpaHcTB lIpuBanoBa U moka3aHO, YTO MHOKECTBA WHBEKTUBHBIX
JMHEWHBIX HM30METpuil mpocTtpaHcTBa [IprBamoBa M MHOXKECTBA MHBEKTHUBHBIX JMHEHHBIX
U30METPUN MAaKCUMAIIbHBIX MPOCTpaHCTB [IpuBanoBa pa3mUYHBI, TaK YTO METPUUYECKUE
CTPYKTYpbl 3THUX HPOCTPAHCTB - pas3Hble. [IpuMeHeHHMEM MeTona OINUCAaHUS JIMHEHHBIX
u30MeTpuid npocTpaHcTB I[lprBanoBa B MONHYIO CHIIy HOJY4YEH OOLIUI BUJI CIOPBHEKTHBHBIX
JUHEMHBIX HM30METPUN MaKCHMajbHBIX HpocTpaHcTB [lpuBanoBa, mpaBga, TOJBKO MAJIs
HATYPaJIbHBIX MTOKA3aTEeNIeH , YTO SBISETCS BTOPHIM OCHOBHBIM PE3YJIbTaTOM TPEThHEH II1aBHlI.

Bce pesynbpratel nuccepranuu A.B. Cy60otuna Bomun B moHorpaduio B.W. IMaBpuosa,
A.B. Cy66otuna, JI[.A. EdumoBa “I'pannunbpie CBOWCTBA aHAIUTUYECKUX (DYHKIHIA
(manmpHevimui BkIaz ).” M.: U3n-Bo Mock. Yuaus., 2013, 262 ctp. [Apyrue dyHKIMOHATBHBIC
cBoiictBa F -anre6p IIpuBanoBa conepxut MmoHorpadus R. Me strovi'c and Z~. Pavi'cevi'c,
“Privalov Spaces on the Unit Disk (research monograph).” Department of Mathematics,
Faculty of Science, University of Montenegro, Podgorica, 2009, ISBN 978-9940-551-00-1,
143 str. [lo uHMITIATHBE aBTOPOB MOHOTpaduii B COBPEMEHHON MHPOBON MaTeMaTHYECKOM
JUTEpaType YCTAaHOBWIIOCH HAa3BaHUE “TIpOCTpaHCTBa U F -anre6psl [IpuBanosa”.

Emé no oxonuanms acrimpantypel A.B. CyO00otmH ObIT 3aumciieH Ha (aKyJIbTeT, Ha
KOTOPOM IIperojiaBaj J0 KOHIA JABYXTHICAYHBIX. 3a 3TO BpeMsl OH omyoOiukoBan Oonee 20
cTaTed, M3 KOTOPBIX BhIIET0 cTaTthio: ['aBpmimoB B.M., Cy66otun A.B. // Mathematica
Montisnigri, v. XIL, p. 17-31, B koTopoii BBeAE€HBl M H3yY€HBl HOBBIE [ -anreOpsl
roJoMOppHBIX  (QYHKIMI  HECKOJBKUX  KOMIUIEKCHBIX  IEPEMEHHBIX,  COJAepKallue
MHOrOMepHoe npocTpancTBo HeBannuuHbI-OcTpoBckoro (He oOpasyromiee F -anrebpy), u
CTaTbH METOJMYECKOTO XapakTepa, OMyOJIMKOBaHHBIE B XXypHaie “MaTemaTHka B BBICHIEM
obpazoBanun’ ( 2003, 2004, 2007, 2008 rr).

B nacrosmee Bpemss A.B. Cy66otun pabdortaer B HTL[ OAO PKK “Oneprus” C.II.
Koponésa.

B nByXTBICSYHBIE TOJIBI YUCIO MOCTOSIHHBIX YYAaCTHHUKOB CEMHUHapa MPOJOJIKAIO PEAETh.
3a Bech mepuoj ObUIM 3aIIMIICHBI TOJIBKO JIBE KaHIUJATCKUE IUCCEPTAllMU: CTYACHTOM MU
acriupanToM (akynbrera JImutpuem AnekcanapoBudem EdumorsiM - B HOsiOpe 2007 roma u
aciupanToM (akynbreta MakcumoMm AnekcanaposudeM JlopodeessiMm - B mapte 2009 roxa.

Huccepramust [[.A. EbumoBa noGaBuia HOBBIM acCHEKT B CIIOXKHBIIEECS HA CEMUHApE
HaTpaBlIeHUE PUIOKEHUHN (QYHKIIMOHATHFHOTO aHaIN3a K 33/1ayaM KOMIUIEKCHOTO aHanu3a. B
HEH PacCMOTPEHBI CTPYKTYPHBIC U JTMHEHHOMETPpUUECKHE CBOMCTBA F-anreOp rojoMopdHBIX
GYHKIMI B MONYIUIOCKOCTH; B 3TOM Cllydyae BO3HUKAET MPUHIIMIUAIBHO HHAs METOJHMKA
uccaenoBanusa. MHTEpec K M3y4eHUIO MPOCTPAHCTB TOJIOMOP(HBIX (YHKIHA B 00JACTAX C
rpaHunel 0eCKOHEYHON Mephbl BIEpBbIC BO3HUK B Hadajie 30-X roJi0B MPOIIEANIET0 BEKa B
cBs3u ¢ uccnenaopanusimu P. IIanu m H. Bunepa (R. Paley, N. Wiener, 1934) cBoiicT
npeoOpaszoBanus Dypee. B padorax O. Xumie u S.J. Tamapkuna (E. Hille, J.D. Tamarkin,

1933, 1935) paccmotpens! Kiaccsl H (D), p > 1, ronoMopdHBIX B BepXHEil KOMIIICKCHOI
TONYIIOCKOCTH D (YHKIWMI, aHANOrMYHBIE NpocTpaHcTBaM Xapmu MY B ciydae Kpyra.
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Hemnorumu ronamu nossxe coBerckuit marematuk B.W. Kpeuios (1939 r.) npoBén cucremHoe
WCCIIeIOBaHME Oonee IIMPOKMX, deM H'(D), KimaccoB ToloMOpdHBIX (QyHKUMH B
HOJYIUIOCKOCTH (B YacCTHOCTH, BBEAEHHOIO UM aHayiora kjacca HeBaHIMHHBI B Kpyre).
JlanpHeNIMi NHTEpEC K TaHHOM TEMATHKE BO3HUK B CAMOM KOHIIE XX BEKa, KOrja SIOHCKHE
marematuku H. Mauunsyku (N. Machizuki, 1991) u A. Uuna (Y. lida, 2000) npoaomkuan
uccienoanust B.M. KpsutoBa. B o xe Bpems JI.M. I'anxkyna (2000 r.) paccmoTpena HOBBII
BHJlT MaKCHUMaJbHBIX KJIAcCOB (a MMEHHO, mpocTpanctBo M(D)) m pokazana, uro M(D)
oOpaszyer F-anreOpy OTHOCHTENBbHO omnpenenéHHoil B M(D) ecTecTBeHHONW HMHBApHAHTHOU
METPHUKHU.

B nuccepranuu u3y4aroTcst oOme Kiaccel M? (D), g > 0, ronomopdHbIX B D dyHKIMNA 1
otmeuaercs, uto Kaxasiit MY (D), ¢ > 0, comepsxur knaccel Xapau H' (D) nns Beex 0 < p <gq.
Amnanorn kmaccos M?(D), ¢ > 0, B xpyre u mape paccmotpers B.U. T'appunossiM u A.B.

Cy660TuaeM (2000 r). TTapamiensHo u3ywarorcs knacesl N(D), g > 0, ronoMopbHbIX B D
byukumii, ciyxamne anaimoramu kiaccoB WM.U. IlpuBanoBa mis kpyra. B amccepranum
YCTAaHOBJICHBI CBSI3U H3YYa€MbIX KJIACCOB C M3BECTHBIMU KJIACCAMHU B TMONYIUIOCKOCTH, B
yacTHOCTH, jokazaHo, uto MY(D) u NY(D) coBmamaror kak MHOXecTBa B ciiydae g > 1.
HccnenoBano rpaHUYHOE TMOBEACHWE W IOJIYYCHBI OLCGHKH pOCTa JUIsl (DYHKIMHA KJIaCCOB

MYD) u NI(D), ¢ > 0. TIpeanosxeno HoBoe HaKTOPU3AIMOHHOE MPE/CTaBICHNHE GYHKIMH 13
MY(D), ¢ > 0, c momomKI0 TIpon3BENEHN BIIsIIKe, TOCTPOSHHOTO MO HYISAM THX (YHKIHH.

Jlokasano, uro kmaccel MY(D) u NY(D), ¢ > 0, obpasyror F-anreGpsl OTHOCHUTENHEHO
€CTECTBEHHBIX METPUK. YCTaHOBJICHBI KPUTEPUM CBOWCTB OIPAaHUYCHHOCTH U IIOJHOMN

OTPAaHUYEHHOCTH TOJAMHOXECTB B IMPOCTPAHCTBAX Mq(D), g > 0. YxazaH oOmui BHI

nuHeitHbIX m3oMetpuii B N/(D), g > 0.

Pesynprarer J[.A. E¢umoBa Bouun B nuTUpyemyro Bbilie MoHorpaduio (2013 r.) Tpex
aBTOPOB.

[To oxonuanum acnupantypsl J.A. EdumoB Obl1 ocTaBieH Ha MexXMaTe B KauecTBE
npenojasaresns, HO B Hadane 10-x rogoB Hamiero Beka oH nmokuHya MI'Y u mpenomaer B
Awmepukanckom YauBepcurere Illapmxu (American University of Sharjah, UAE).
W3MeHnwimcy # ero Hay4yHbIE UWHTEPECH: TENEepb OHU CBS3aHBI C TPUIOKEHUEM
MaTeMaTHYeCKUX METOJOB K 3aJayaM MAIIMHHOTO OOYy4YeHHsS M WCCIENOBaHHS TaHHBIX, TIE
J.A. EdbumoB nipuodpén Hanéxupiii aBToputeT. OH - 00JIa1aTe)Ib HECKOIBKUX MPECTHKHBIX
TPaHTOB, TOOEAUTENH MEKIYHAPOAHBIX COPEBHOBAHUI 110 MAIITMHHOMY OOYUY€HHIO, YUaCTHUK
U YICH OpPraHM3alMOHHBIX KOMHTETOB MEXKIyHAPOIHBIX KOHTPECCOB M KOH(EPEHIH,
PEIeH3EHT 3apyOeKHBIX )KyPHAIIOB.

B mmccepramm M.A. JlopodeeBa wu3ydaeTcss CTPYKTypa MHOXKECTBA OCOOBIX TOYCK

IIPOU3BOJIBHOTO OTOOpakeHUst u3 moiynpoctpancTBa K : x,>0, n>3 eBKIMIOBa
npoctpancTtBa R", n>3, B peryjsipHOE JIOKAJIbHO KOMIAKTHOE MPOCTPAHCTBO CO CUETHOU
0a30if, XapaKTepU3yeMoro TPEACIbHBIMU MHOXECTBAMH OTOOpaKEHUS IO O0JIaCTsM,
HOAXOJSIIMM K Tpanune R kacareiabHbIM oOpazoMm. CHadana, B Ba)KHOM YacTHOM CIIydae

TPEXMEpPHOTO TPOCTPAHCTBA, TaKWe O0OJACTH O0O0pa3yroTCs IOCPEACTBOM KacCarOIIUXCS
IIJIOCKOCTH 0)C1)C2 SJUIAIICOB BpalllCHUA, OCHU BpallICHUSA KOTOPLIX, MMapaJlJICJIbHbI OCH OX3.

3atem mnst R, n>3, paccCMOTpeH TIyOOKMil OOIIMil Cilydail KacaHUsl C MPOM3BOJBHON
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dbynkmeit moaxona. JlokaspiBaeTcs, uTo B 00OMX CIy4yasX MHOXECTBO OCOOBIX TOYEK
SIBIITFOTCSI COBEPIIICHHBIMU 0-TIOPHCTHIMU MHOKecTBaMu B cMbiciie C.B. KonecHukoBa, u 4to
COBOKYITHOCTH TaKWX MHOXXECTB OJMHAKOBHI JUJISI TMPOU3BOJBHBIX OTOOpAKCHMHA U IS
OTpaHMYCHHBIX HempepbIBHBIX QyHKIMH Ha R . [lociemaHee oOCTOATENHCTBO yKa3bIBaeT Ha

ornpeAeNnEHHYI0 3aBEPIIEHHOCTD MTPOJIEIaHHbBIX UCCIIETOBAHUM.
B kauecTBe MpuiioxeHus IPOBEIEHHBIX UCCIEAOBAHUIN YCTAaHABIMBAETCS, YTO MHOKECTBO

Toyek [‘apHeT mNpoM3BOJBHONW (YKCOBOM TIpymmbl, neiicTByromeid B R, sBiseTcs

COBEPUICHHBIM O-TIOPUCTBIM MHOXXECTBOM Ha O, 9YTO NpEeACTaBIsSeT COOOH HOBBIN

pe3ynbTaT B ciyyae n>3, a B ciydae n = 2 yTOYHSET COOTBETCTBYyIOImM pe3yibTar C.B.
Kpasuesa (1984 r).

Pesyneratet M.A. JlopodeeBa Bbeicoko omnenun Cepreii MuxainoBud Hukoabckwmid,
MPEICTaBUBIINI UX s MyOuKauu B )xypHane “Jloxmanst PAH”.

bnmxe k cepenune 10-x roJJ0B ceMuHap cTall COOMpPaThCs BCE PeXe U PEXE, B OCHOBHOM,
korna B MI'Y mpuesxanu oTeyecTBEHHbIC WK 3apyOexkHble TocTu. ONHUMU U3 MOCIETHUX,
KTO BBICTYIIIJI Ha ceMuHape ¢ cepueit geknmii, 0buti H. Yoshida u XK. [TaBuueBna. MHoro i
BpEMEHH JaHO paboTarth cemMuHapy? S1 BCIIOMUHAIO BCEX €r0 YYacTHHUKOB C JIFOOOBBIO U
0J1aroJTapHOCTBIO, XKeJlasg KakI0MY JKU3HEHHOT'O U TBOPUYECKOI'O JIOJITOJIETHS, )KU3HEHHBIX U
TBOPUYECKUX YCIIEXOB.

bnaronapro [I.A. Epumona u C.B. Kpasuesa 3a co3nanue 31eKTpOHHOM BEpCUH TEKCTA.

Mai 2015.

Crarbs meperneuyaTaHa ¢ caifTa MexaHMKoO-mareMaTuueckoro Qaxyiabrera MI'Y um. M.B.
JlomoHocoBa: http://matan.math.msu.su/files/University_seminar_Gavrilov.pdf

Received November, 10 2015

140





